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Introduction

Established through decades of experimental discoveries and ultimately developed in its
current form in the 1970s, the Standard Model of particle physics (SM) is the widely
accepted theory which describes the universe at the microscopical level. The SM explains
the behavior of elementary particles, the fundamental constituents of matter, and three
of the interactions between them: the electromagnetic, weak, and strong forces. The
gravitational force, whose effects are negligible at the microscopical scale, is not included
in the SM.

The SM has been extensively tested in the years, and all its predictions have been confirmed
by experiments; the most recent one being the discovery of the Higgs boson in 2012 by
the ATLAS and CMS collaborations at the Large Hadron Collider (LHC) at CERN in
Geneva, Switzerland. The history of experimental discoveries anticipated by theoretical
predictions in particle physics is a rich and fruitful one, which dates back to the discovery
of the positron by Anderson in 1932 [1], which was predicted by Dirac in 1928 [2].

While the SM is an extremely successful theory, it is known today to be incomplete. In
addition to it not describing the gravitational interaction, the SM also does not include
explanations for the origin of dark matter and the imbalance between matter and antimatter
in the universe, among other phenomena. At the LHC, the SM is tested in several
complementary ways, which include the direct search of new particles and processes that
are not included in the theory, and the precise measurement of known processes to test the
SM predictions. An additional way to test the SM is to search for rare processes that are
predicted by the theory, but have not been observed yet. This is the case for the associated
production of a single top quark with a W boson and an additional photon (tWγ) or Z
boson (tWZ ), whose first searches, and resulting first evidence, are presented in this thesis
work.

The tWγ and tWZ processes share many similar characteristics, the most important
of which is their overlap at Feynman diagram level with the tt̄γ and tt̄Z processes at
Next-To-Leading Order (NLO) in Quantum chromodynamics (QCD) perturbation theory.
This overlap causes the perturbative calculation of the tWγ and tWZ processes not to be
reliable, unless it is treated with dedicated techniques called overlap removal.

On the experimental level, the higher production cross sections of the tt̄γ and tt̄Z processes
compared to the tWγ and tWZ processes, and the similar final state topology, make the
separation of the signal from the background a challenging task. The approach used in this
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thesis consists in developing dedicated Machine Learning (ML) algorithms to discriminate
the signal from the background, and employ the output of these algorithms to perform
a maximum likelihood fit of the simulated signal and background events to the data, in
order to extract the statistical significance of the signal.

This thesis is organized as follows. Chapter 1 presents the theoretical framework of the SM,
and it describes the properties of the top quark. Chapter 2 describes the studies performed
in the context of this thesis work in order to determine a reliable modeling of the tWγ

and tWZ processes. Particularly, it describes in detail the techniques used to remove the
overlap between the tt̄γ and tt̄Z processes and the tWγ and tWZ processes. Additionally,
studies on the agreement between two of the overlap removal schemes are presented.

Chapter 3 is divided in two main parts. Section 3.1 describes the statistical model used
to perform the maximum likelihood fit from which the significance is extracted for both
the tWγ and tWZ processes. It additionally describes the saturated goodness-of-fit tests
performed to validate the input features to the ML algorithms used in the search for the
tWγ process. Section 3.2 describes ML, and the ML algorithms used in both the searches
presented in this thesis work. This section also provides an introduction to Graph Neural
Networks (GNN), which is the ML algorithm used in the search for the tWγ process.

Chapter 4 describes the LHC and the CMS experiment, which is the experiment where the
data used in this thesis work was collected. It also describes how particles are reconstructed
and identified in the CMS detector, and how their properties are measured.

Finally, Chapter 5 and Chapter 6 present the first searches and first evidence for tWZ and
tWγ production, respectively. The analysis were performed using data collected by the
CMS experiment in 2016, 2017, and 2018, corresponding to an integrated luminosity of
138 fb−1.

Lastly, a summary of the results and some concluding remarks are presented, together with
an outlook on future studies that can be performed in the context of the tWγ and tWZ
processes.
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1 The Standard Model of particle physics

This chapter provides an overview of the Standard Model of particle physics (SM), which
is the theoretical framework that describes the fundamental particles and their interactions.
The SM is a quantum field theory (QFT) based on the principles of quantum mechanics
and special relativity. The theory has been developed over the course of the 20th century
in order to account for the experimental evidence coming from numerous experiments. It
has made a number of predictions that have been confirmed by experiments, the latest
one being the discovery of the Higgs boson by the CMS and ATLAS experiments at the
LHC in 2012 [3, 4]. Although the SM is a very successful theory, which has still not been
contradicted by any experimental evidence, it is not a complete theory of particle physics.
It does not include a description of gravitational interaction, and it does not account for
the existence of dark matter, which make up most of the matter in the universe [5]. The
SM also does not include a source of CP violation large enough to justify the asymmetry
between baryonic and antibaryonic matter in the universe.

This chapter is structured as follows: Section 1.1 provides an overview of the particles and
interactions considered by the SM, with the Lagrangian formalism of the theory described
in Section 1.2. Sections 1.3 to 1.6 detail the quantum field theories that describe the
interactions of the SM. Sections 1.7 and 1.8 introduce Feynman diagrams, which are a
graphical representation of the interactions between particles in a perturbative approach,
and the renormalization procedure, which is used to remove the divergences that arise
in perturbative calculations. Section 1.9 describes hadronic collisions and how they are
modelled. Finally, Section 1.10 provides an overview of the top quark, the heaviest known
elementary particle, which is central in the discussion of the analyses presented in this
thesis.

The units used in this chapter and throughout this thesis are natural units, for which
ℏ = c = 1. Moreover, the Einstein summation convention is used, where repeated indices
are summed over.

The discussions in this chapter are inspired by Refs. [6–9].
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Table 1.1: Properties of the quarks in the Standard Model, from Ref. [14].
Quark Quark type Electric charge (e Mass (GeV)

up up +2
3 (2.16 ± 0.07) ·10−3

down down −1
3 (4.70 ± 0.07) ·10−3

charm up +2
3 1.2730 ± 0.0046

strange down −1
3 (93.5 ± 0.8) ·10−3

top up +2
3 172.57 ± 0.29

bottom down −1
3 4.183 ± 0.007

Table 1.2: Properties of the leptons in the Standard Model, from Ref. [14].
Lepton Electric charge (e) Mass (MeV)

electron neutrino 0 < 8 · 10−4

electron -1 0.511
muon neutrino 0 < 8 · 10−4

muon -1 105.7
tau neutrino 0 < 8 · 10−4

tau -1 1776.93 ± 0.09

1.1 The Standard Model

The SM is the established QFT that describes elementary particle physics and their inter-
actions. The interactions considered by the SM are the strong, weak, and electromagnetic
interactions. The fourth fundamental force of nature, gravity, is not included in the SM, as
it is not yet described by a quantum field theory.

All the particles included in the model can be categorized into fermions and bosons,
according to their spin. Fermions are particles with half-integer spin which obey the
Fermi-Dirac statistics [10, 11] and the Pauli exclusion principle: two fermions cannot
occupy the same quantum state. Bosons, on the other hand, have integer spin and follow
the Bose-Einstein statistics [12]: any number of bosons can occupy the same quantum
state.

Fermions make up the ordinary matter of the universe and all elementary fermions carry a
spin of 1/2. They are further divided according to the interactions they experience. Quarks
are fermions which interact through all the fundamental forces of the SM and are always
collected in bound states called hadrons. They are divided in up-type and down-type
quarks, according to their electric charge. The properties of quarks are shown in Table 1.1.
Leptons are fermions that do not experience the strong force, they are divided in charged
leptons, which interact through the electromagnetic and weak forces, and neutrinos, which
only interact through the weak force. Neutrinos are assumed to be massless in the SM,
but experimental evidence coming from neutrino oscillation experiments has shown that
neutrinos must have a mass, although it is very small [13]. The properties of the leptons
are shown in Table 1.2. For each fermion, there is a corresponding antiparticle with the
same mass and opposite charge.
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Table 1.3: Properties of the mediator bosons in the Standard Model, from Ref. [14].
Boson Elecric charge (e) Mass (GeV)
photon 0 0
gluon 0 0
W± ±1 80.37 ± 0.01 GeV
Z 0 91.188 ± 0.002 GeV

Fermions come in three generations, each containing an up-type quark, a down-type quark,
a charged lepton, and a neutrino. The generations are different in terms of the mass of
the particles, as they become heavier with each generation. The other characteristics of
fermions are essentially the same for all generations.

Mediator bosons are the carriers of the fundamental forces of the SM and are responsible
for the interactions between the fermions. All mediator bosons are spin-1 particles. The
photon is the carrier of the electromagnetic force, it is massless and does not have electric
charge. The gluon is the carrier of the strong force; it is massless and carries color charge,
it can therefore interact with itself. The SM includes eight gluons, corresponding to the
eight possible combinations of color charge. The W± and Z bosons are the carriers of the
weak force, they are the only massive interaction carriers in the SM. The W± bosons are
charged and are the only bosons known to change the flavor of a fermion. The Z boson is
neutral. The properties of the bosons are shown in Table 1.3.

The last particle of the SM is the Higgs boson, discovered in 2012 by the ATLAS and CMS
collaborations at the Large Hadron Collider (LHC). It is the only scalar boson in the SM,
as it have a spin of 0. The Higgs boson has been predicted to exist as it arises from the
Higgs mechanism, which is responsible for the generation of the masses of the W± and Z

bosons [15, 16]. Ref. [14] reports the mass of the Higgs boson as 125.20 ± 0.11 GeV.

1.2 The Lagrangian formalism of the Standard Model

The particles considered in the SM are treated as quantum fields ψ(x), where the x are
the four spacetime coordinates. The properties of the fields are described through the
Lagrangian density L, which is a function of the fields and their gradients. The Euler-
Lagrange equations are used to derive the dynamics of the fields from the Lagrangian
density:

∂L
∂ψ

− ∂µ

(
∂L

∂(∂µψ)

)
= 0 . (1.1)

The Lagrangian density that describes a free fermion field is given by the Dirac Lagrangian:

LDirac = iψ̄γµ∂µψ −mψ̄ψ , (1.2)

where ψ̄ is the adjoint of the field ψ: ψ̄ = ψ†γ0 and m is the mass of the fermion. The
γµ are the Dirac matrices, first introduced by Dirac in 1928 [2], together with the Dirac
equation. The Dirac equation is obtained by evaluating Eq. (1.1) for Eq. (1.2). The first
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term on the right-hand side can be interpreted as the kinetic term of the fermion field,
while the second term represents its mass.

The interaction between fermions is described as the exchange of mediator bosons. They
are introduced in the Lagrangian density through the gauge principle, which states that
the Lagrangian must be invariant under local gauge transformations. The SM is therefore
a local gauge theory. Quantum electrodynamics (QED) is described in the next section as
an example of a local gauge theory.

1.3 Quantum electrodynamics

Quantum electrodynamics (QED) is the quantum field theory that describes the elec-
tromagnetic interaction. It is based on the premise that the Lagrangian density of the
theory must be invariant under a local U(1) gauge transformation. U(1) is the group of
all complex numbers with absolute value 1 and a local transformation is a transformation
that depends on the spacetime coordinates.

The U(1) group is responsible for the transformation:

ψ(x) → ψ′(x) = eiqα(x)ψ(x) , (1.3)

where q is the charge of the fermion field and α(x) is a scalar function of the spacetime
coordinates. For the gauge principle, a new field Aµ needs to be introduced in order to
keep the Lagrangian density invariant. The new field has to transform under the action of
the U(1) group as:

Aµ → A′µ = Aµ − ∂µα(x) . (1.4)

The field Aµ is identified as the electromagnetic vector potential, which respects the Maxwell
equations:

∂µ∂µA
ν = 0 . (1.5)

The corresponding Lagrangian density for the electromagnetic field is:

LEM = −1
4F

µνFµν , (1.6)

where Fµν = ∂µAν − ∂νAµ is the electromagnetic field strength tensor, which describes
the electromagnetic field in the spacetime coordinates.

It is possible to define a gauge invariant Lagrangian density for QED by replacing the
partial derivative in the Dirac Lagrangian with the covariant derivative, defined as:

Dµ = ∂µ − iqAµ . (1.7)

The QED Lagrangian density is then:

LQED = iψ̄γµ∂µψ −mψ̄ψ − qψ̄γµAµψ − 1
4F

µνFµν . (1.8)
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The third term on the right-hand side of Eq. (1.8) represents the interaction between the
fermion field and the electromagnetic field. The charge q of the fermion field corresponds to
the strength of the coupling between the fermion and the electromagnetic field. According
to Noether’s theorem [17], the invariance of the Lagrangian density under a global U(1)
transformation implies the conservation of the electric charge.

1.4 The electroweak interaction

A first approach to describe the weak interaction was given by Fermi in 1934 [18], who
proposed a four-fermion contact interaction to describe the beta decay of the neutron.
This theory was successful in describing the weak interaction at low energies and is today
seen as a low-energy approximation of the electroweak theory. Among the first proposals
of a unified electroweak theory was the one by Schwinger in 1957 [19], who envisioned
the electroweak interaction as mediated by three bosons, one of which being the photon
mediating the neutral weak interaction and two W± bosons mediating the charged weak
interaction, which changes the flavor of the fermions. This theory fell short of explaining
parity violation in the weak interaction, which was observed by Wu in 1957 [20]. More
experimental evidence then proved that the weak charged current maximally violates parity,
i.e., it only couples to left-handed fermionic chiral states and right-handed antifermionic
chiral states [21].

Chirality is a property of the fermions that is described using the chirality operator
γ5 = iγ0γ1γ2γ3. The left-handed and right-handed chiral states are the eigenstates of the
chirality operator with eigenvalues −1 and +1, respectively. These can be obtained by
projecting the fermion field onto the left-handed and right-handed chiral states using the
projection operators

PL = 1
2(1 − γ5) and PR = 1

2(1 + γ5) . (1.9)

The accepted electroweak unification theory was described by the Glashow-Salam-Weinberg
(GSW) model [22–24], which is a local gauge theory based on the SU(2)L × U(1)Y group.
The L subscript in SU(2)L stands for left-handed, as the weak interaction only couples
to left-handed fermions, while the Y subscript in U(1)Y stands for hypercharge, which
is a combination of the weak isospin T and the electric charge. The weak isospin is the
quantity that is conserved under the weak interaction. Left-handed up-type quarks (U)
and charged leptons (ℓ−) are grouped into weak isospin doublets with the down-type quark
(D′) and the neutrino (νℓ) of the same generation:(

U

D′

)
L

and
(
νℓ

ℓ−

)
L

, (1.10)

where D′ is a linear combination of the down-type quarks through the Cabibbo-Kobayashi-
Maskawa (CKM) matrix [25].
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The doublets have a weak isospin of 1/2, with the up-type quark and the neutrino having a
value of the third component of the weak isospin T3 = +1/2 and the down-type quark and
the charged lepton having T3 = −1/2. Right-handed fermions are weak isospin singlets, as
they do not interact through the weak force.

The weak hypercharge Y is defined as:

Y = 2(Q− T3) , (1.11)

where Q is the electric charge of the fermion. The weak hypercharge of the left-handed
doublets is Y = −1 and the weak hypercharge of the right-handed singlets is Y = −2.

By repeating the procedure of Section 1.3, it is possible to introduce four new bosons in
the Lagrangian density of the electroweak theory. From the U(1)Y group, a new field Bµ

is introduced in the Lagrangian density in exactly the same way as the electromagnetic
vector potential Aµ was introduced in QED, with the difference that the electric charge q
is replaced by g′ Y

2 , where g′ is a new coupling constant.

The SU(2)L group is responsible for the gauge transformation of the weak isospin doublets
ψL:

ψL → ψ′
L = eig σ⃗

2 ·α⃗(x)ψL , (1.12)

where g is the weak coupling constant, σ⃗ are the three Pauli matrices, and α⃗(x) is a vector
function of the spacetime coordinates.

To respect the gauge principle, three new fields W⃗1,2,3 need to be introduced in the
Lagrangian density, which transform under the action of the SU(2)L group as:

Wµ
k → W ′µ

k = Wµ
k − ∂µαk − gεijkαiW

µ
j , (1.13)

where εijk is the Levi-Civita tensor and i, j, k = 1, 2, 3. The Levi-Civita tensor appears as
a consequence of the non-abelian nature of the SU(2) group, i.e., the sigma matrices do
not commute with each other.

The interaction between the fermions and the W1,2,3 bosons is then described by the
Lagrangian density:

LW = −gψ̄Lγ
µ σ⃗

2 · W⃗µψL , (1.14)

obtained by replacing the partial derivative in the Dirac Lagrangian with the covariant
derivative Dµ = ∂µ − ig σ⃗

2 · W⃗µ.

From Eq. (1.14), the physical W± bosons can be identified as the linear combinations of
the W1,2 bosons:

W±
µ = 1√

2
(W1µ ∓ iW2µ) . (1.15)
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The remaining physical bosons are the Z boson and the photon, which are the linear
combinations of the Bµ and W3µ bosons:

Aµ = Bµ cos θW +W3µ sin θW , (1.16)
Zµ = −Bµ sin θW +W3µ cos θW , (1.17)

where θW is the weak mixing angle. To reproduce the observed couplings of QED, the
weak mixing angle is defined as:

cos θW = g√
g2 + g′2

and sin θW = g′√
g2 + g′2

. (1.18)

At the time the GSW model was proposed, the existence of weak neutral currents was
not yet observed. The first evidence of the weak neutral currents was provided by the
Gargamelle experiment at CERN in 1973 [26], which also measured for the first time the
weak mixing angle.

Massive spin-1 need to respect the Proca equations, which are the generalization of the
Maxwell equations for massive fields. The corresponding Lagrangian density for a massive
vector field is:

LProca = −1
4(∂µW ν

i − ∂νWµ
i )(∂µW

i
ν − ∂νW

i
µ) + 1

2m
2Wµ

i W
i
µ , (1.19)

where m is the mass of the vector boson and the index i runs over the three components of
the vector boson. The first term on the right hand side of Eq. (1.19) is the kinetic term of
the vector boson, while the second term is the mass term. Both terms are not invariant
under local gauge transformations. The kinetic term can be made invariant by introducing
additional terms in the Lagrangian:

Lint = 1
2gW εijk(∂µW ν

i − ∂νWµ
i )WjµWkν − 1

4g
2
W εijkεimnW

µ
j W

ν
kWmµWnν . (1.20)

The terms in Eq. (1.20) are the trilinear and quadrilinear self-interaction terms of the
vector bosons, which causes the weak bosons to interact with each other.

A similar approach is not possible for the mass term, which therefore breaks the gauge
invariance of the Lagrangian. The solution to this issue is the incorporation of the Higgs
mechanism in the SM, which is responsible for the generation of the masses of the W± and
Z bosons, and justifies the introduction of the θW mixing angle in the electroweak theory.

1.5 The Higgs mechanism

The Higgs mechanism is the mechanism of spontaneous gauge symmetry breaking that
generates the masses of the W± and Z bosons in the SM. It is based on the introduction
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Figure 1.1: Shape of the Higgs potential for µ2 < 0, from Ref. [7]. The ball rolled down to
one minimum of the infinitely many on the circle in the ϕ3 − ϕ4 plane of the
potential represents the spontaneous symmetry breaking.

of two complex scalar fields placed in a weak isospin doublet:

Φ =
(
ϕ+

ϕ0

)
= 1√

2

(
ϕ1 + iϕ2

ϕ3 + iϕ4

)
. (1.21)

The Lagrangian density of the Higgs field is:

LHiggs = (DµΦ)†(DµΦ) − V (Φ)
= (DµΦ)†(DµΦ) − µ2Φ†Φ + λ(Φ†Φ)2 ,

(1.22)

where Dµ is the covariant derivative of the SU(2)L × U(1)Y group:

Dµ = ∂µ − ig
σ⃗

2 · W⃗µ − ig′Y

2 Bµ . (1.23)

Figure 1.1 shows the shape of the Higgs potential V (ϕ) in the ϕ3 − ϕ4 plane with µ2 < 0.
The potential is originally symmetrical, and therefore gauge invariant, but the system is in
an unstable equilibrium.

A small perturbation can cause the system to fall into any of the degenerate minima of the
potential, breaking the gauge symmetry. The minima are defined by:

ϕ†ϕ = v2

2 = −µ2

2λ , (1.24)

and the Higgs field is said to have a non-zero vacuum expectation value (VEV) v. Without
any loss of generality, the Higgs field can be expanded around the minimum of the potential:

Φ = 1√
2

(
ϕ1 + iϕ2

v + ϕ3 + iϕ4

)
. (1.25)
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Via a convenient choice of the gauge, the Higgs field can be written as:

Φ = 1√
2

(
0

v + h

)
, (1.26)

where h represents the physical Higgs boson.

By substituting Eq. (1.26) into Eq. (1.22) and expanding the covariant derivative, the mass
terms of the W± and Z bosons can be obtained as:

mW = 1
2vg and mZ = 1

2v
√
g2 + g′2 = mW

cos θW
. (1.27)

This result links together the masses of the W± and Z bosons, and the weak mixing angle
θW . Additionally, the Higgs mechanism produces terms which represent the interaction
between the Higgs boson and the W± and Z bosons, as well as the trilinear and quadrilinear
self-interaction terms, and the mass term, of the Higgs boson.

Finally, the mass term of the Dirac Lagrangian for fermions

mψ̄ψ = m(ψ̄LψR + ψ̄RψL) (1.28)

is not invariant under a local SU(2)L ×U(1)Y gauge transformation, because of the different
transformation properties of the left-handed and right-handed components. Weinberg’s
solution to this issue [23] is the introduction of a Yukawa interaction [27] of the fermionic
field and the Higgs field:

LYukawa = 1√
2
f(ψ̄LΦψR + ψ̄RΦψL) , (1.29)

where f is the Yukawa coupling constant. The Yukawa interaction generates the masses of
the fermions, which are proportional to the Yukawa coupling constant and the VEV of
the Higgs field: mf = 1√

2fv. The same lagragian density also accounts for the interaction
between the Higgs boson and the fermions, the strength of which is proportional to the
Yukawa coupling constant, and therefore to the mass of the fermion.

Lastly, it should be noticed that Eq. (1.22) only accounts for the masses of the fermions in
the lower element of the isospin doublets, given the representation chosen for the Higgs field.
The masses of the fermions in the upper element of the doublet are generated by means
of an equivalent Yukawa interaction with the replacement of ϕ with its charge conjugate
doublet

ϕc = −iσ2ϕ
∗ =

(
v + h

0

)
. (1.30)

1.6 Quantum chromodynamics

Quantum chromodynamics (QCD) is the quantum field theory that describes the strong
interaction. The strong interaction is responsible for the interactions between quarks, and
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their confinement into hadrons. It also binds together the protons and neutrons in the
atomic nuclei.

QCD is a local gauge theory based on the SU(3) group: the group of all 3 × 3 unitary
matrices with determinant 1. It can be introduced in the same way of QED, by starting
from considering the transformation of the quark fields under the action of the SU(3)
group:

ψ(x) → ψ′(x) = eigs
λi
2 αi(x)ψ(x) , (1.31)

where gs is the strong coupling constant, λi are the eight Gell-Mann matrices [28], and
αi(x) are eight functions of the spacetime coordinates. Since the Gell-Mann matrices are
3 × 3 matrices, the quark fields need to be considered as three-component vectors, where
all the elements of one vector have the same quark composition but different color charge.
Color (green, red, blue) is the charge of the strong interaction.

Eight new fields Gi
µ, representing the gluons, are introduced in the definition of the covariant

derivative to ensure the gauge invariance of the Dirac Lagrangian density:

Dµ = ∂µ − igs
λi

2 G
i
µ . (1.32)

The gluon fields need to transform under the action of the SU(3) group as:

Gi
µ → G′i

µ = Gi
µ − ∂µαi − gsfijkαjG

k
µ , (1.33)

where fijk are the structure constants of the SU(3) group. As for the Levi-Civita symbols
in Eq. (1.13), the fijk appear as a consequence of the non-abelian nature of the SU(3)
group.

For the same reason, the kinetic term of the gluons in the Lagrangian density needs to
be added together with self-interaction terms in order to respect the gauge invariance of
the theory, in complete analogy to what is done in Eq. (1.2). The self-interaction terms
include trilinear and quadrilinear couplings of the gluon fields with each other.

1.7 Feynman diagrams and perturbation theory
The results of particle physics are usually expressed in terms of decay rates and cross
sections, which represent the probability of a certain transition between fields to occur.
The transition rate Γfi from an initial state i to a final state f is calculated using Fermi’s
golden rule [29]

Γfi = 2π|Tfi|
2ρ(Ef ), (1.34)

where ρ(Ef ) is the density of states for the final state at energy Ef , and Tfi is the transition
matrix element between the initial and final states. The transition matrix element can be
calculated using a perturbative method, where the interaction between the fields is treated
as a perturbation to the free fields:

Tfi =
∑
j ̸=i

⟨f |Lint|j⟩⟨j|Lint|i⟩
Ei − Ej

+ . . . , (1.35)
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u

ū t̄

t

g

Figure 1.2: Feynman diagram representing the transition from a pair of up quark and
anti-quark to a pair of top quark and anti-quark through the exchange of a
gluon.

where Lint is the Lagrangian density of the interaction between the fields, and Ei and Ej

are the energies of the initial and final states, respectively.

Eq. (1.35) represents a transition between two states through an intermediate state j,
and is defined as Leading Order (LO). In general, it is necessary to consider all possible
intermediate states to calculate the transition matrix element, as this is the only way to
ensure that the Tfi is gauge invariant. Taking only the LO contribution as Tfi yields
an error of the order of the squared coupling constant of the interaction. Higher order
contributions can be calculated by considering more intermediate states in the transition
matrix element, and are defined as Next-to-Leading Order (NLO), Next-to-Next-to-Leading
Order (NNLO), and so on.

The transition matrix elements are usually calculated using Feynman diagrams [30], which
are graphical representations of the terms in Eq. (1.35). An example of a Feynman diagram
is given in Figure 1.2, which represents the transition from an initial state of a pair of up
quark and anti-quark to a final state of a pair of top quark and anti-quark through the
exchange of a gluon. This transition is made possible by the term

Lint = gsψ̄γ
µλi

2 G
i
µψ, (1.36)

of the QCD Lagrangian density, which couples the quark fields to the gluon fields.

1.8 Renormalization
Renormalization is the process of removing the unphysical divergences that appear in the
perturbative calculations of the transition matrix elements. This section describes the
renormalization of interaction vertices. A further discussion, in addition to the description
of renormalization for the masses of particles, and for fermionic fields can be found in
Ref. [9]. The origin of the divergences can be understood looking at the diagram shown
in Figure 1.3, which represents a possible diagram for the scattering of an electron and a
positron. The process proceeds through the exchange of a photon, which creates a loop
of a virtual electron-positron pair. The loop enters the perturbative calculation of the
transition matrix as an integral over the momentum of the virtual particles in the loop,
which is a divergent quantity.

Renormalizing the theory consists in absorbing the loops of the Feynman diagrams into
the definition of the coupling constant of the theory, in this case the electric charge e. The
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Figure 1.3: Feynman diagram representing the scattering of an electron and a positron
proceeding through the exchange of a virtual photon which creates a virtual
electron-positron pair.

treatment consists in considering the electric charge e(q2) as a function of the momentum
q of the exchanged photon, i.e., a running coupling constant. Intuitively, this dependency
can be understood by considering a free electron as always surrounded by a cloud of virtual
fermion-antifermion pairs which screen the bare charge of the electron. The electric charge
of the electron can be measured through its interaction with a photon. The higher the
energy of the photon, the shorter the distance it can penetrate the cloud of virtual pairs,
effectively interacting with a higher net charge.

The running of the coupling constant is usually stated in terms of α = e2/4π, which for
QED is the fine structure constant. The variation of α with the energy scale is described by
the equation of the renormalization group, which links the value α(q2) at a certain energy
scale q2 to the value α(µ) measured at a reference energy scale µ:

α(q2) = α(µ)

1 − α(µ)
3π log

(
q

2

µ
2

) . (1.37)

For QED, the value of α increases with the energy scale from α(q2 ≈ 0) = 1/137.

Renormalization is necessary for QCD as well, as the theory presents the same type of
divergences as QED. Due to the self-interaction of the gluons, the loops of the Feynman
diagrams also include loops of gluons, additionally to the fermion loops already present
in QED. The running of the strong coupling constant αs = g2

s/4π is described by the
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Figure 1.4: Summary of measurements of αs at different energy scales Q, from Ref. [31].

equation:

αs(q2) = αs(µ)

1 + βαs(µ) log
(

q
2

µ
2

) , (1.38)

β =
11Nc − 2Nf

12π , (1.39)

where Nc is the number of colors of the theory, and Nf is the number of flavors of quarks
accessible at the energy scale considered. In the SM, Nc = 3 and Nf ≤ 6, and therefore the
value of β is always positive, meaning that the value of αs decreases with the energy scale,
differently from the running of α in QED. Intuitively, this behavior can be understood by
considering that the cloud of gluons surrounding a quark enhances the bare color charge of
the quark, in contrast to the screening effect of the virtual pairs in QED. The measured
values of αs at different energy scales are shown in Figure 1.4.

This behaviour has several consequences. At low energy scales, the value of αs is large,
and a perturbative approach is not possible. This causes the value of αs obtained from
Eq. (1.38) to diverge for q2 = ΛQCD ∼ O(300 MeV) [14]. This energy scale is called
the QCD scale, and represents the energy scale at which the strong interaction becomes
non-perturbative and the quarks and gluons are confined into hadrons. On the other hand,
for higher energies, and therefore lower distances, αs ≈ 0, allowing the quarks inside the
hadrons to be treated as free particles. Hence, when considering the scattering of hadrons at
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high energy scales, the perturbative approach is valid, and the interaction can be described
as a scattering of free quarks and gluons.

1.9 Proton-proton collisions at the LHC
The analyses described in this thesis work employ data collected by the CMS experiment
at the LHC, which collides protons at a center-of-mass energy of

√
s = 13 TeV. Protons

are composite particles made up of three valence quarks, two up and one down quarks, and
a sea of gluons and virtual quark-antiquark pairs, collectively named partons.

1.9.1 Factorization

As mentioned in Section 1.8, at the high collision energy of the LHC, the partons can
be treated as free particles. This behaviour is summarized by the QCD factorization
theorem[32], which states that the cross section σpp→X of a process pp → X can be
factorized as:

σpp→X =
∑
i,j

∫ ∫
dx1dx2fi(x1, µ

2
F )fj(x2, µ

2
F )σ̂ij→X(xapa, xbpb, µ

2
F , µ

2
R) , (1.40)

where fa(xa, µ
2
F ) and fb(xb, µ

2
F ) are the parton distribution functions (PDFs) of the partons

i and j in the protons, which describe the probability of finding that parton with a fraction
x of the proton momentum. σ̂ij→X is the partonic cross section, i.e., the cross section
related to the scattering of the partons i and j into the final state X, also defined as hard
process. The PDFs depend on the factorization scale µF , which is the energy scale at which
the PDFs are evaluated. σ̂ij→X additionally depend on a renormalization scale µR, which
affects the value of the couplings, as described in Section 1.8, and on the center-of-mass
energy of the partonic collision

√
ŝ.

Figure 1.5 shows a Feynman diagram representing the process pp → tt̄ proceeding through
the hard process gg → tt̄. The remnants of the protons, which are not involved in the
hard scattering, are considered through the parton showering and hadronization methods,
described in Sections 1.9.2 and 1.9.3.

The PDFs are not yet calculable from first principles. In the analyses described in this thesis
work, the PDFs used for the simulation of the proton-proton collisions are the NNPDF3.1
set [33], which are determined from a global fit to a wide range of experimental data. The
extrapolation of the PDFs to an arbitrary energy scale is performed using the DGLAP
evolution equations [34–36]. Figure 1.6 shows the PDFs of the proton as a function of the
momentum fraction x at two different factorization scales.

When considering partonic processes that are initiated by b quarks, two schemes are
employable for the PDFs. The 4-flavor scheme (4FS) does not consider the b quark as
a parton in the proton, and therefore the PDFs do not include the contribution of the b
quark, which can only originate from splitting of a gluon, and can be massive. On the
other hand, the 5-flavor scheme (5FS) considers the b quark as a massless parton in the
proton with its own PDF.
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Figure 1.5: Feynman diagram representing the process pp → tt̄ proceeding through fusion
of two gluons coming from the protons.
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Figure 1.6: PDFs of the proton as a function of the momentum fraction x at the factorization
scale µ2

F = 10 GeV2 (left) and µ2
F = 104 GeV2 (right), from Ref. [33]. The v

subscript indicates the valence quarks. The fraction of momentum carried by
partons from the sea increases with the energy scale.
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1.9.2 Parton showering

When using the factorization theorem, the hard process can only account for energy scales
higher than the factorization scale. The range of phenomena that occur at lower energy
scales is usually modeled by factorizing them in other components, so to cover the whole
energy phase space of a hadronic collision.

The parton showering model accounts for the radiation of additional particles, e.g., partons
and photons, from the initial and final particles of the hard process. These are defined as
Initial State Radiation (ISR) and Final State Radiation (FSR), respectively. The model is
based on the DGLAP equations, which in this case describe the probability of an initial
state parton to be radiated from an additional parton, and the probability of a final state
particle to radiate an additional parton or a photon. The same formalism is used to
describe the radiation of photons in QED from fermions, and the conversion of photons
into fermion-antifermion pairs, as well as the decay of possible resonances created in the
hard process.

At the same energy scale as the parton showering, Multiple Particle Interactions (MPI)
can occur, which are the result of the interaction of the remnants of the protons that are
not involved in the hard scattering, described in Refs. [37–39].

1.9.3 Hadronization

The parton showering model uses a perturbative approach which is valid at energies larger
than the QCD scale ΛQCD, below which the colored partons recombine into colorless
hadrons. The process of hadronization is non-perturbative; simulation of QCD processes
rely on phenomenological models for hadronization. One such model, used in the PYTHIA8
generator [40], is the Lund String model [41, 42].

This model considers two interacting quarks as connected by a flux tube of gluons, called
a string. The energy of the string is linearly proportional with the distance between the
quarks. When this energy is higher than a certain threshold value, the string can break,
and the energy is converted into the mass of new quark-antiquark pairs, which recombine
with the original partons to form the colorless hadrons.

Several models exist to describe between which partons the strings are formed, the one
used in PYTHIA8, and therefore in the simulation of events in this thesis, is the leading
color model [43].

1.10 The top quark

This thesis work is centered around the study of the top quark, which is the heaviest known
elementary particle. It was first predicted, together with the b quark, in 1973 by Kobayashi
and Maskawa, to describe the CP violation in the weak interaction [25]. It was discovered
in 1995 by the CDF and D0 experiments at the Tevatron collider at Fermilab, through the
observation of the production of pairs of top quark and antiquark in proton-antiproton
collisions [44, 45].
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Figure 1.7: Feynman diagrams representing the t-channel single top quark (anti-quark)
production, on the left (right).

The measured mass of the top quark is 172.57 ± 0.29 GeV, which makes it the heaviest
elementary particle in the SM. Its total decay width is Γt = 1.42 + 0.19 − 0.15 GeV [14],
which is one order of magnitude larger than the QCD scale, which is the hadronization
scale. Therefore, the top quark decays before being confined into hadrons, a special case in
the SM, which allows for the study of a bare quark.

The top quark decays weakly, and almost exclusively into a W boson and a b quark. The
decay of the W boson can proceed into a pair of quark and antiquark, in 67% of the cases,
or into a charged lepton and a neutrino, for the remaining 33%.

At the LHC, the main production mechanism of top quarks is the pp → tt̄ process, of
which an example Feynman diagrams is shown in Figure 1.5. The production cross section
measured by the CMS experiment at

√
s = 13 TeV is σtt̄ = 791 ± 25 pb [46]. The top

quark can also be produced in weak interactions, mainly through t-channel single top
quark production, for which a Feynman diagram is shown in Figure 1.7, using the 5FS.
The cross section of t-channel single top quark production at

√
s = 13 TeV was measured

by the CMS collaboration to be σtq = 130 ± 1 (stat) ± 19 (syst) pb for the quark, and
σt̄q = 77 ± 1 (stat) ± 12 (syst) pb for the antiquark [47]. The difference in the cross section
between the two processes is due to the different PDFs for the up and down-quark, which
are present in the initial state of the two processes, as shown in Figure 1.7.

The summary of the production cross sections measured by the CMS experiment for all
processes involving the top quark are shown in Figure 1.8.

This thesis work focuses on the production of a single top quark in association with a
W boson and an additional photon or Z boson. The details of the production of these
processes are described in Chapter 2.
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2 Modeling of the tWZ and tW γ

processes

One of the many points in common between the tWZ and tWγ processes is the difficulty
in their modeling in event generators caused by the overlap with the tt̄Z and tt̄γ processes,
respectively. This chapter will describe the methods used to model the two processes and
their similarities and differences. Hereafter, the tWZ and tWγ processes are described as
tWX when considered together, where X represents either a photon or a Z boson.

The tWX production at LHC is well defined at LO in QCD, using the 5FS. A Feynman
diagram of the partonic process gb → tWX is shown in Figure 2.1.

The situation becomes more complicated when the tWX process production is considered at
NLO in QCD. In this case, one possible partonic process contributing is gg (bb) → tW−Xb.
The same initial and final states, with the same order in the perturbative expansion
in the coupling constants αS and αW , can also be the result of the QCD LO process
gg (bb) → tt̄X, with the top antiquark decaying into a W− boson and a bottom quark.
The diagrams related to the LO process are defined as resonant diagrams. Illustrative
diagrams of the two different processes are shown in Figure 2.2.

b

g

t

X

W−

b
t

Figure 2.1: Example of leading order Feynman diagram for the tWX process.
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Figure 2.2: Example of Feynman diagrams with the same gg initial state and tW−Xb final
state. Production of the tWX process at NLO in QCD, with the real emission
of a bottom antiquark (left). Production of the tt̄X process at LO in QCD,
with the decay of the top antiquark into a W− boson and a bottom quark
(right).
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Figure 2.3: Example of leading order Feynman diagram for the tt̄ process where the top
antiquark decays into a b antiquark, a W− and an X boson.

Furthermore, diagrams related to the tt̄X process are not the only ones appearing in the
perturbative expansion of tWX. Figure 2.3 shows that considering the same powers of the
coupling constants αS and αW , we also obtain diagrams that would naturally be regarded
as pertaining to the tt̄ process, where the top antiquark decays into three bodies: the
bottom antiquark, the W− and the X bosons. Contrary to tt̄X, these diagrams are treated
differently for tWZ and tWγ.

When the top quark is close to being on-shell, the perturbative expansion of the LO tt̄X (tt̄)
process is enhanced by a factor proportional to 1/αS , coming from the top quark propagator.
Because of this, the perturbative expansion of the tWX process itself becomes dominated
by the resonant tt̄X (tt̄) process, effectively spoiling it by obscuring the contributions from
diagrams that genuinely originate from the tWX process.

There is one more problem with the top quark being treated in two different ways in these
doubly-resonating diagrams: it appears simultaneously as both a stable asymptotic state
(the final-state top quark) and an intermediate state (the decaying top quark). A final state
top quark requires its width to be treated as zero in order to cancel infrared divergencies.
In contrast, in the case of a decaying top quark, the finite decay width must be used so
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as to regularize the propagator; including both treatments at the same time violates the
gauge invariance [49]. A more complete review of this issue can be found in [50]. In the
next section, we will describe the algorithms used for the overlap removal, often used in
literature to face these issues, and how we have applied them to study the modeling of
tWZ and tWγ.

2.1 Overlap Removal

The problem of overlapping diagrams described in the previous section is not exclusive to
the tWZ and tWγ processes. A similar issue exists for tt̄ diagrams overlapping with the tW
production or for tt̄H production overlapping with tW H . Moreover, overlapping resonant
diagrams are fairly frequent in BSM models that include new particles. To address this
issue, Refs. [50] and [51] describe in depth the concepts behind the Simplified Treatments
of Resonances (STR).

The starting point is considering a process that is well-defined at LO in some interaction:

αβ → δφ. (2.1)

At NLO, the real emission diagrams will bring about a final state:

αβ → δφϑ. (2.2)

If there exists a resonance Δ such that the decay

Δ → δϑ (2.3)

is possible, and
αβ → Δφ (2.4)

is a possible LO process, then it is also possible to have the same final state as in (2.2)
through a double-stage process:

αβ → Δφ → δφϑ. (2.5)

The diagrams relative to this final stage are related to the LO production of Δφ, not the
δφ final state we are interested in. Furthermore, if the production cross section of Δφ is
considerably larger than the one of δφ, it becomes impossible to have a definite modeling
for the process under study, which gets extremely watered down by the more prominent
background.

In order to have a proper definition of the δφ final state, the STR schemes have been
devised. Let the amplitude corresponding to (2.2) be decomposed into:

Aαβ→δφϑ = A�Δ + AΔ, (2.6)
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with AΔ being the amplitude corresponding to the process in (2.5), and A�Δ corresponding
to the remaining ones. The matrix element is, therefore, proportional to:

|Aαβ→δφϑ|2 = |A�Δ|2 + 2R(A�Δ†AΔ) + |AΔ|2. (2.7)

Clearly, in order to describe the δφ process, it is desirable to minimize the effect of the
second and third terms on the right-hand side of (2.7) as much as possible so that the
contributions from the resonant diagrams become negligible compared to the process under
study. To do so, Diagram Removal (DR) and Diagram Subtraction (DS) schemes are
implemented. The DR scheme straightforwardly removes the terms in (2.7) that contain
AΔ, leaving only the term |A�Δ|2.

While easy to implement and understand, the DR scheme introduces an undesirable
dependence on the gauge choice because of the indiscriminate removal of Feynman diagrams
from the calculation. Nevertheless, Ref. [51] studied the STR in the context of the tW
production at the LHC and found that, for all the simulated observables, every choice
of gauge led to the same results within the statistical uncertainties, effectively making
Diagram Removal usable for the modeling of the tW process.

On the other hand, DS is devised in such a way as to conserve gauge invariance. The
scheme’s endpoint is that the removal of resonant diagrams should be local, i.e., only in
the part of phase space where the δ particle is on-shell. This is obtained by defining the
DS infinitesimal cross section as:

dσαβ→δφϑ
DS = dσαβ→δφϑ − dσαβ→δφϑ

subt, (2.8)

with dσαβ→δφϑ being calculated from the Eq. (2.7), and dσαβ→δφϑ
subt is defined so that:

dσαβ→δφϑ
subt ∝ |Aαβ→δφϑ|2dϕ− f(mδϑ)P|AΔ|2dϕ, (2.9)

where dϕ is the differential final state three-body phase space, f is an arbitrary function
which respects the limit

lim
mδϑ→mΔ

f(mδϑ) = 1, (2.10)

and P is a kinematic projector operator that maps any configuration of δφϑ to one that
has mδϑ = mΔ.

The P operator effectively works by reshuffling the momenta of the particles involved in
the process to produce an on-shell Δ particle, while conserving the spin correlations in the
process. There are many possible choices for both f and P. Ref. [50] introduced MadSTR, a
MadGraph_aMC@NLO [52] plugin that automatically implements STR, providing two possible
reshuffling strategies for projecting to the resonant configuration: either by varying the
momenta of the recoil system or the center of mass energy.
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Regarding f , the choice typically used is to define it as:

f(mδϑ) =
BWΔ(mδϑ, x)
BWΔ(mΔ, x) , (2.11)

where BWΔ is the generalized Breit-Wigner function

BWΔ(m,x) = 1
(m2 −m2

Δ)2 + x2Γ2
Δ
, (2.12)

and x can be chosen in MadSTR to be either mΔ or mδϑ, respecting Eq. (2.10) in either
case.

These conditions on the DS subtraction term are enough to guarantee that the DS scheme
conserves the gauge invariance while still minimizing the contribution from the resonant
diagrams as much as possible.

Despite the possibility of implementing DS in most cases with MadGraph_aMC@NLO and
MadSTR, this is not the case for processes where one resonance can decay into three particles.
This is the case for the tWX process with the diagrams shown in Figure 2.3, where the
reshuffling of the momenta is not easily performed. The literature does not currently
provide examples of DS being applied in this kind of case.

However, it is important to note that the difference between the results obtained in the
DR and DS scheme is a proxy for the impact of the interference between the resonant and
non-resonant diagrams:

dσαβ→δφϑ
DS − dσαβ→δφϑ

DR ∝ R(A�Δ†AΔ). (2.13)

Therefore, Ref. [51] suggests that, in order for the production of δφ to be a proper physical
process, the difference between the DR and DS results should be smaller than the theoretical
uncertainties on the calculation themselves. Otherwise, the process cannot be well-defined
and should only be considered as a subset of the αβ → Δφ process.

Subsequent studies of the tW H and tWZ processes [53, 54], followed the path of looking
for selection criteria that would define a phase space region where the interference term is
minimized, and was therefore pure in the single top quark process in study.

Experimentally, the most-used strategy in analyses of the tW process in the CMS collab-
oration is to consider the DR prediction as the nominal one and the DS prediction as a
systematic uncertainty on the modeling, as done in Refs. [55, 56].

Finally, the one last STR scheme to be mentioned is the DR with interference (DRI or
DR2), which consists in only removing the rightmost term in Eq. (2.7), i.e., the squared
module of the resonant diagrams, while keeping the interference term. Like DR, DRI is not
gauge-invariant. However, it is conceptually more similar to DS, as it keeps the interference
term but has a less involved implementation.
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For the tWZ and tWγ analyses presented in Chapters 5 and 6, DR has been used as
nominal prediction, and DR2 has been considered for setting an uncertainty on the
modeling. Hereafter, the standard DR procedure, without interference, is referred to as
DR2.

2.2 tWZ modeling

This section presents the theoretical predictions regarding the production of the tWZ
process in proton-proton collisions at

√
(s) = 13 TeV. The first complete study of the

process, both at Fixed Order (FO) and NLOPS, was presented in Ref. [54]. While the
scope of the paper is to provide a complete description of the process in the context of the
Effective Field Theory, this section focuses on the modeling of the process in the SM, with
comparisons between DR1 and DR2, and the selection criteria that have been devised in
order to define a tWZ -pure phase space. FO refers to the simulation at the matrix element
level, i.e., before the decay of resonances, the parton shower, and hadronization. NLOPS,
on the other hand, includes the parton shower and hadronization.

2.2.1 Fixed Order predictions

Events are simulated in the final state where the Z boson decays into two leptons using
MadGraph_aMC@NLO. The PDF set used is the NNPDF3.1, interfaced to Madgraph using
LHAPDF6 [57]. The DR1 and DR2 methods are applied on the resonant diagrams
attributable to both the tt̄Z and tt̄ processes.

As discussed in the introduction to this chapter, the overlap between the tWZ and tt̄Z

process descends from the fact that at NLO in QCD, the tWZ final state can be accompanied
by the real emission of a b quark. These quarks are typically produced with low energy,
in the order of a few GeV, and in a direction close to the beam axis, as opposed to the
b quarks in the tt̄Z process, which come from the decay of the top quark. In the rest
frame of the decaying top quark, the b quark is produced with an energy of ∼ 67 GeV and,
therefore, a higher pT that makes it distinguishable from real-emission quarks.

The authors of Ref. [53] introduced a threshold on the characteristics of hard b quarks in
order to define a phase space region where the interference term is minimized for the tW H
process. Similar requirements, named b-veto, are used in the tWZ study [54], where events
containing a b quark with pT higher than 30 GeV and |η| < 2.5 (hard b quark) are vetoed.

Figure 2.4 shows how the four different scenarios, i.e., DR1 and DR2, with and without
b-veto, describe the distribution of the invariant mass of the two leptons and the associated
W boson in the simulated tWZ process. The b-veto is clearly effective in reducing the
interference term contribution, as the two predictions are much closer to each other when
it is applied.

In addition, it is worth mentioning that when the b-veto is not applied, the DR2 and DR1
prediction drift away from each other rapidly at high invariant masses, showing that the
interference between the resonant and non-resonant amplitudes becomes more relevant.
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The cause of such behavior might be traced back to the fact that in this high-energy region,
the top quarks in the tt̄ and tt̄Z diagrams are not likely to be produced on-shell anymore,
and the removed diagrams lose their special status of doubly resonant.
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Figure 2.4: Invariant mass of the two leptons and the W boson in the tWZ process,
comparing the DR1 and DR2 schemes, with and without the b-veto selection [54].
The first and second insets show the relative scale uncertainties of DR1 and
DR2 without b-veto (upper), and with the b-veto (center). The lower inset
shows the ratio between DR1 and DR2 with and without b-veto. The b-veto cut
is effective in reducing the interference term contribution and defines a phase
space region which is purer in the tWZ process.

Another FO study from Ref. [54], relevant for this thesis, is the comparison of the invariant
mass of the two leptons, considering the Z boson in tWZ on-shell and off-shell. The
results are shown in Figure 2.5, where the two distributions are compared for the DR1 and
DR2 schemes, with the b-veto applied in both cases. The plot clearly shows that the two
distributions are very similar in the region around the mass of the Z boson, which is the
region of interest for the experimental tWZ analysis. Also, it allows us to only consider
the modeling of the process with an on-shell Z boson in the NLOPS studies presented in
subsection 2.2.2.

2.2.2 NLOPS predictions

The signal events used in the experimental tWZ analysis have been simulated using
MadGraph_aMC@NLO interfaced with PYTHIA8 to simulate the parton shower and hadroniza-
tion, and using MadSTR to implement the Diagram Removal schemes. The Z boson is forced
to be on-shell. Given the high mass of the final state, an on-shell top quark cannot decay
into a b quark, a W boson, and a Z boson. Therefore, the diagrams with the 1 → 3 decay
(Figure 2.3) of the top quark cannot feature an on-shell top and need not be removed.
As a result, the DR1 and DR2 schemes are only applied to remove the overlap with the
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tt̄Z diagrams, analogously to how it was done for the phenomenological tW H study in
Ref. [53].

At NLOPS, the definition of the b-veto needs to be updated with respect to FO in such
a way as to take into consideration the b quark coming from the decay of the top quark.
The NLOPS b-veto is defined such as to keep events which include at most one hard b
quark, defined as having pT > 30 GeV and |η| < 2.4. Additionally, the associated Z and
W bosons are required to be central, |η| < 2.4.

The results of these simulation studies and selection criteria are showcased in Figure 2.6
for the transverse momentum of the top quark (left) and the W boson (right). For
both distributions, it is evident how the initial disagreement between DR1 and DR2 is
successfully fixed through the application of the b-veto, minimizing the contribution from
the interference with tt̄Z.

The difference between the DR1 and DR2 for the pT of the top quark before the b-veto seems
to have narrowed down to the different normalizations of the two predictions, σDR1 = 129 fb
and σDR2 = 120 fb. On the other hand, the interference term presents a quite manifest
shape effect on the pT of the W boson, causing the two predictions to have increasing
disagreement with the increasing pT of the boson. This is also successfully recovered by
the b-veto, even if not as well as for the pT of the top quark.

2.3 tW γ modeling

Original studies on the tWγ process were conducted in the context of this thesis work
and, similarly to the tWZ results presented in the previous sections, include predictions
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Figure 2.6: Transverse momentum of the top quark (left) and the W boson (right) in
the tWZ process at NLOPS, comparing the DR1 and DR2 schemes, with and
without the b-veto cut. The b-veto cut is effective in reducing the interference
term contribution, but only in the bulk of the distribution for the W boson,
where the disagreement displays a pronounced shape effect. The plots are
normalized to an arbitrary integrated luminosity.

both at the FO and NLOPS levels. The specific differences between the tWγ and tWZ
processes mainly originate from the photon being massless, as opposed to the substantial
mass of the Z boson. The most evident consequence is the possibility of the photon being
radiated from the decay of either the top quark or the W boson, with Figure 2.7 showing
one potential Feynman diagram for such an occurrence in the final state with two charged
leptons.

Another point of difference between the two processes is that the overlap between tWγ and
tt̄ must be accounted for when implementing the Diagram Removal schemes. Diagrams of
the class shown in Figure 2.3 now allow for the top quark mediator to be on-shell for a wide
range of energy of the photon and, therefore, give rise to the same kind of issues existing
with tt̄γ. Hence, the MadSTR plugin cannot be employed for the simulation of tWγ, as it is
not able to handle the case where the resonance to be removed decays in a 1 → 3 body
process. Luckily though, MadGraph_aMC@NLO automatically generates all the diagrams of
the process and stores the relative information before performing the necessary calculation
for event generation, thus allowing the implementation of DR1 and DR2 at the diagram
level by hand.

Staying in the scope of the dileptonic final state of tWγ, one feasible way to model the
process would be a complete simulation of pp → bℓ+1 νℓ1 ℓ

−
2 νℓ2 γ, as done in Ref. [58] for

the simultaneous simulation of both tWγ and tt̄γ at LO in QCD. It is not yet possible to
simulate the same final state at NLO to achieve a more accurate description of the process,
both in terms of the total cross section and of the shape of various observables.
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in the modeling of the tWγ process, differently from what is done for the tWZ
process.

One remarkable example of the importance of the NLO accuracy for this kind of processes
is the search for the SM tWZ process presented in Chapter 5, where the inclusion of NLO
modeling for the signal process granted not only the possibility of a better discrimination
from the main tt̄Z background but also a novel understanding of tt̄Z itself, which was also
had already been thoroughly studied.

A different approach, which is the one used in the remainder of this section and in Chapter 6,
is to separately simulate cases when the photon is emitted by any lines of the tW process
(from now on referred to as photon from hard process) as illustrated in Figures 2.1 and 2.2,
and cases in which the photon is radiated by any of the decay products of the top quark
and the W boson (photon from decay), demonstrated in Figure 2.7. The hard process
is simulated in MadGraph_aMC@NLO by requiring pp → tW−γ (and tW+γ) and the DR
schemes are implemented by hand before the event generation; the top quark and W boson
are then decayed into leptons through the use of MadSpin [59], before interfacing the results
to PYTHIA8 for parton showering and hadronization.

The events with photons from decay are also generated in MadGraph, as pp → tW− (and tW+).
At the ME level, the only overlap is between tW and tt̄. Therefore, we can use MadSTR
to apply DR1 and DR2. After simulating the decays into leptons with MadSpin, which
does not support three-body decays, the events are interfaced to PYTHIA8. Finally, only
the events with photons coming from the decay products of the top quark and the W
boson are kept. The emission of the photons is simulated through the Parton Showering
(PS) algorithm. This choice allows us to retain the NLO accuracy of the simulation at
production. A drawback of using PS to generate photons from decay is that it is not
possible to have photons from decay at FO level. As a consequence FO studies can only be
performed using photons from the hard process.
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Figure 2.8: FO distribution of pT for the photon (left) and W boson (right) in the tWγ
process, in the scenarios with DR1 and DR2, with and without the b-veto. The
first two insets show the relative scale uncertainties of DR1 and DR2 without
b-veto (upper), and with the b-veto (center). The lower inset shows the ratio
between DR1 and DR2 with and without b-veto. In both cases, the b-veto cuts
allow the definition of a phase space where the interference from tt̄ and tt̄γ is
minimized.

2.3.1 Fixed Order predictions

At Fixed Order, the tWγ events are generated with requirements on the photon to have
pT > 20 GeV and to respect the conditions of the Frixione isolation [60] with

δ0 = 0.4, ϵγ = 1, n = 1. (2.14)

After applying DR1 or DR2 by removing both tt̄ and tt̄γ diagrams, it is found that the
calculated cross sections are σDR1 = 258 fb and σDR2 = 200 fb. The effect of the b-veto is
studied, following the same definition from subsection 2.2.1.

Figure 2.8 shows the distributions of the pT of the photon and the W boson in the four
scenarios: DR1 and DR2, with and without b-veto. The b-veto succeeds in defining a phase
space where the contribution of the interference is minimized: the large difference between
DR1 and DR2 predictions is cured after the application. Additionally, it is interesting to
notice the differences between the behaviour of the two predictions for the two different
observables. As for the pT of the photon, interestingly, the b-veto seems to define the same
phase space as DR2, and the discrepancy between DR1 and DR2 before the cut has a much
less pronounced shape effect than it is for the W boson, where, furthermore, DR1 and
DR2 both considerably drift away from their b-veto counterparts in the higher-pT regions.
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Figure 2.9: Distribution of the transverse momentum of the top quark in the tWγ process
at FO, simulated with DR1 and DR2, with and without the application of the
b-veto. The first two insets show the relative scale uncertainties of DR1 and
DR2 without b-veto (upper), and with the b-veto (center). The lower inset
shows the ratio between DR1 and DR2 with and without b-veto. The difference
between DR1 and DR2 is fundamentally just due to a different normalization,
and it is successfully removed by the application of the b-veto.

As for the pT of the top quark, shown in Figure 2.9, the difference between DR1 and DR2
is also mainly due to the different normalization. A similar feature was observed in the
tWZ simulation in Figure 2.6. Similarly to the photon pT, the b-veto makes the DR1 and
DR2 distributions agree with each other, while the shapes show almost no change before
and after the b-veto.

2.3.2 NLOPS predictions

The tWγ events at NLOPS level have been generated in the final state with two leptons
with the recipe described earlier in the current section. Further requirements are the
invariant mass mℓℓ of the two final-state leptons being mℓℓ > 30 GeV, the photon having
pT > 15 GeV and |η| < 1.5, and the Frixione isolation same as for 2.3.1.

The resulting cross sections for this phase space are σDR1 = 23.0 fb and σDR2 = 21.8 fb.
The NLO predictions are also compared to the ones obtained at LO in QCD, simulated
with MadGraph_aMC@NLO requiring pp → bℓ+1 νℓ1 ℓ

−
2 νℓ2 γ, which results in a cross section

σLO = 10.6 fb.

Figure 2.10 shows the distribution of the pT of the top quark, the W boson, and the photon,
normalized to an arbitrary integrated luminosity. The plots display how, in this phase
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space, DR1 and DR2 are in very good agreement for all of the observables shown, without
the need for any additional selection criteria, as shown in the first inset.

The same figure also shows the comparison between the shapes of DR1 and LO, in the
second inset.

It can be seen that tWγ at NLO, summing the contributions of photons from the hard
process and from decay, is compatible with LO, which includes both photon origins, when
the inclusive cross section is factored out. It is also shown that DR1 and DR2 differ only
in the overall cross section estimation.

In conclusion, the NLO modeling of the tWγ process is found to be solid and it is chosen
for this thesis work.
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Figure 2.10: NLOPS and LOPS distribution of the pT of the top quark (left), W boson
(right), and photon (lower) for the tWγ process, normalized to arbitrary
luminosity. For all observables, the central inset shows the comparison between
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3 Statistical methods and multivariate
techniques

The evolution of particle physics has always gone hand in hand with the evolution of the
machinery used to study it. New accelerators and new detectors allowed new discoveries,
which in turn showed the direction for the development of new machinery. As technology
advanced and ushered us into the LHC era of high-energy physics, innovations did not stop
at the hardware only. The degree of complexity of the proton-proton collision events at
LHC forced particle physicists to develop robust statistical methods and tools in order to
derive sound results from the vast amount of collected data.

Some statistical methods described in this chapter include profile likelihood ratio [61] and
the CLs method for defining upper limits in searches, introduced at LEP [62] and used at
Tevaton as well [63]. In this thesis work, the statistical methods are implemented using
the CMS Combine package [64], which has been devised to discover the Higgs boson in
2012 [3] and is still further developed, including in the analyses presented in this thesis.

A different and complementary approach that has been undertaken is the employment of
machine learning methods as means to better reconstruct physics objects and also classify
whole collision events, among other tasks.

This chapter will describe the statistical and machine learning techniques used in the
searches for the tWγ and tWZ processes.

3.1 The statistical model
The statistical model used in both the tWZ and tWγ analyses is implemented in Combine,
and it is based on the construction of a likelihood function from simulated and observed
data.

The events relevant to the analysis are selected among the data collected by the CMS
experiment through a combination of requirements on the physics objects and then summa-
rized in histograms, which show the distribution of the chosen observables, e.g., the output
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of a multivariate classifier. The same workflow is applied to the simulated events, divided
by physics process, and the resulting histograms are used as templates to be fitted to the
data.

From the simulated data, it is possible to write the expected number of events in bin i of a
histogram as a sum over the P processes:

λi(µ⃗, ν⃗) =
P∑
p

Mp(µ⃗, ν⃗)ωip(ν⃗) + Ei(µ⃗, ν⃗), (3.1)

where µ⃗ are the parameters of interest of the fit, ν⃗ are the nuisance parameters, ωip(ν⃗) is
the expected number of events from process p in bin i, Mp(µ⃗, ν⃗) is an overall multiplicative
factor to the total rate of the process that considers the effects of the parameters of the
model, and Ei is a term that takes into account the finite number of simulated events
according to the Barlow-Beeston method [65].

In the physics models used in this thesis, the parameter of interest is the signal strength µ,
defined for any signal process q as

µq =
σobs

q

σexp
q

, (3.2)

with σexp
q being the cross section expected from the theory model, and σobs

q the measured
one. The Mp(µ⃗, ν⃗) can therefore be factorized as

Mp(µ⃗, ν⃗) =

µpM̄p(ν⃗), if p is a signal process;

M̄p(ν⃗), otherwise.
(3.3)

The functions M̄p(ν⃗) only depend on the effect of the nuisance parameters.

To model the systematic uncertainties affecting the shape of the histograms of every process,
for each uncertainty two additional histograms are provided through the ±1σ variation of
the nuisance parameter ν. The ωip(ν⃗) are then produced by interpolating these histograms,
normalized to the rate of the nominal histogram, in such a way as to be continuous with
their first and second derivatives. The renormalization of the varied histograms is necessary
so only to consider the effect that the nuisance parameters have on the shape of the
distributions; possible differences in the total event rate are considered in the Mp(µ⃗, ν⃗)
function through multiplicative factors, together with the effect of systematics which purely
affect normalization, e.g., the uncertainty on the measurement of the luminosity, as shown
in Ref. [64].

The λi functions are then used in the definition of the likelihood function, which consists of
the product of a Poisson distribution for every bin count of each histogram and a normal
distribution for each nuisance parameter.

L(µ⃗, ν⃗|ni) =
∏

i

Pois(ni; µ⃗, ν⃗)
S∏
j

N (νj ; ν0,j , σj), (3.4)
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and therefore

L(µ⃗, ν⃗|ni) ∝
∏

i

λ
ni
i (µ⃗, ν⃗)e−λi(µ⃗,ν⃗)

ni!

S∏
j

e
−

(νj −ν0,j )2

2σ
2
j , (3.5)

with i going through all the bins of all the histograms and j looping through all the S
systematic uncertainties in the model. The observed number of events in bin i is denoted
by ni, whereas ν0,j and σj are the initial value and the prior uncertainty on the nuisance
parameter j, respectively.

The best-fit values ^⃗µ for the parameters of interest are then those maximizing L. Equiv-
alently, ^⃗µ is usually obtained by minimizing the negative log likelihood (NLL), which
numerically is a less complex problem.

3.1.1 Likelihood scan for uncertainties

The step immediately following the estimation of µ̂ is the estimation of its uncertainty.
One prescription for this is given in Ref. [66] and is based on the construction of a profile
likelihood ratio test statistic

λ = L(µ⃗, ^⃗̂ν(µ⃗))
L(^⃗µ, ^⃗ν)

, (3.6)

where ^⃗ν is the value of the nuisance parameters that maximizes L, and ^⃗̂
ν(µ⃗) is the value

that maximizes L for a fixed value of µ⃗.

According to Wilks’ theorem [67], for a large enough sample, −2 lnλ follows a χ2 distribution
with r degrees of freedom, with r being the number of parameters of interest. As a result,
it is possible to calculate the (1-α)% confidence interval on the parameters of interest by
performing a likelihood scan: scanning −2 lnλ and finding the values of µ⃗ for which the
value of −2 lnλ increases by the α percentile of χ2 with r degrees of freedom.

Figure 3.1 shows the result of this method for r = 1. In this case, given the form of the
test statistic with one degree of freedom,

−2 lnλ ∼ (µ− µ̂)2

σ2 , (3.7)

it is sufficient to find the values of µ for which −2 lnλ = n2 to obtain the nσ confidence
level for the parameter µ, with σ being the standard deviation of the distribution of µ̂.

The same procedure can be applied to obtain the uncertainties on the j-th nuisance
parameter, by scanning the likelihood as

λ =
L(ν̂j ,

^⃗̂
θ(νj))

L(ν̂j ,
^⃗
θ)

, (3.8)

where θ⃗ includes all the nuisance parameters except νj , and µ⃗.
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Figure 3.1: Example of a likelihood scan for one parameter of interest. It is possible to
find the 1σ (2σ) confidence level for µ by finding the values of µ for which
−2 lnλ = 1(4).

3.1.2 Significance

This thesis’s main topic is searches for rare, still unobserved, processes. Such analyses are
said to provide observation (evidence) for the existence of the processes when the statistical
significance of the search is 5σ (3σ).

The statistical significance Z in this case is the probability, given as the number of standard
deviations of a Gaussian distribution (the higher the number, the lower the probability),
that the fitted value of the signal strength µ̂, or a larger value, is obtained under the
assumption that the real value is µ = 0. Paraphrasing, the significance represents the
probability of rejecting the hypothesis that the process has signal strength µ = 0 (the
process does not exist) if this hypothesis is actually true.

The test statistic used to calculate the significance q0 is also based on the likelihood ratio
λ defined in Eq. (3.6):

q0 =

−2 lnλ(0), ifµ̂ ≥ 0;

0, ifµ̂ < 0.
(3.9)

Considering only the non-trivial case, for a large enough sample,

q0 = µ̂2

σ2 . (3.10)

Ref [61] shows that, under these assumptions, the significance is

Z = √
q0. (3.11)
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3.1.3 Saturated goodness of fit test

Calculating the significance and checking it against a threshold is a way to disprove the
null hypothesis (µ = 0) in favor of a well-defined alternative hypothesis (µ > 0). In some
occasions, a well-defined alternative hypothesis is not available, for instance, when it is
necessary to prove the compatibility between the statistical model and the observed data.
These cases are usually resolved through goodness of fit (GoF) tests. They are used in
Chapter 6 to study the compatibility between simulated and observed input features for a
multivariate classifier.

The GoF test considered in this thesis employs the saturated model, as it considers a test
statistic

t = −2L(µ⃗, ν⃗)
LS

, (3.12)

where LS is the likelihood of the saturated model. The saturated model is defined so that
it matches the observed data exactly: λi = ni for every i in Eq. 3.5.

In this thesis, the observed data is used to calculate the value td from Eq. (3.12), and the
statistical model is considered compatible with data when the p-value of td is greater than
0.05, i.e., when the value of td is within the 95 percentile of the distribution. Unfortunately,
the distribution of t is not generally known and is inferred from pseudo-data sets.

The pseudo-data sets are simulated through parametric bootstrap [68]: first L(µ⃗, ν⃗ is
fitted to data, in order to find the values ^⃗ν that maximize it, and the respective posterior
uncertainties ^⃗σ. Then, the value ν̄j of the j-th nuisance parameter is generated according
to the probability distribution

p(νj ; ν̂j) = exp
(

−
(νj − ν̂j)2

2σ̂2
j

)
, (3.13)

and the number of events n̄i in bin i for the pseudo-data set is defined from Eq. 3.1:

n̄i = λi(^⃗µ, ⃗̄ν). (3.14)

After fitting the statistical model to the pseudo-data sets, the values of t are collected for
each instance to evaluate the distribution of the test statistic. Once the distribution is
known, the p-value for the observation of td can be calculated.

Examples of this procedure and relative distributions are shown in Section 6.4.1.

3.1.4 Upper limits with the CLS technique

When the accuracy of a search is not enough to have a meaningful measurement of a
parameter of interest µ, it is still possible to calculate upper limits; at LHC it is usually
done with the CLS technique [62, 69].
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The starting point is the definition of a test statistic:

q =


−2 lnλ, if 0 ≤ µ̂ ≤ µ,

−2 ln L(µ,
^⃗̂
ν(µ))

L(0,
^⃗̂
ν(0))

, if µ̂ < 0,

0, if µ̂ > µ.

(3.15)

Being µ a signal strength, once again, the discussion can be restricted to the case where
µ ≥ 0. The third line in Eq. (3.15) ensures that upward variations of µ do not go against
the signal hypothesis.

For a fixed value of µ, the value qobs(µ) is calculated from data, together with the two
p-values

pµ =
∫ inf

q
obs(µ)

f(q(µ)|µ)dq, (3.16)

pb =
∫ q

obs(µ)

0
f(q(µ)|0)dq, (3.17)

where the probability distributions f(q(µ)|µ) and f(q(µ)|0) are determined through pseudo-
data sets, which can be generated through parametric bootstrap, similarly as how described
in Subsection 3.1.3, with the difference that µ̂ in Eq. 3.14 is replaced by either µ or 0. pµ

and 1 − pb represent the compatibility of qobs with the hypothesis that the signal strength
has, indeed, value µ or it is 0, respectively. Hence, the CLS criterion is calculated as:

CLS =
pµ

1 − pb
. (3.18)

The upper limit at (100-α)% Confidence Level is then calculated by finding the value of µ
for which CLS = α.

3.2 Machine Learning

Machine Learning (ML) is extensively used at different levels in particle physics and
executes several key functions in the CMS experiment; in this thesis, ML is used for the
classification of physics objects (boosted-top tagging) or events (signal discrimination).
The remainder of this chapter is devoted to the description of the ML algorithms used to
devise these solutions.

3.2.1 Deep Neural Networks

The basis of the ML algorithms that have been devised in this thesis is the Deep Neural
Network (DNN), which consists of a stack of neuron layers that can be trained to achieve a
specific task. In particular, in this subsection, the discussion is restricted to fully connected
feed-forward DNNs, in which every neuron in a layer is connected to all the neurons in
the following layer. The elementary unit is an artificial neuron similar to Rosenblatt’s
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Figure 3.2: The neuron is a map from the input x⃗ to the output ϕ(w⃗ · x⃗).

perceptron [70] and, in essence, it is a map from an input vector x⃗ to an output

y = ϕ(w⃗ · x⃗− b), (3.19)

where ϕ is an arbitrary non-linear function called the activation function, w⃗ is a vector of
weights that are adjusted through the training of the neural network, and b is an additional
bias. Usually w⃗ and x⃗ are redefined in such a way that they have an extra term which is
w0 = −b and x0 = 1, respectively, so that

y = ϕ(w⃗ · x⃗). (3.20)

A visual representation of this process is given by Figure 3.2.

Considering all neurons in a layer, Eq. (3.20) can be expanded to take the whole output of
a layer as:

y⃗ = ϕ⃗(W · x⃗), (3.21)

with W being the matrix whose rows are the weights of each neuron.

In the case of a DNN these layers are called hidden layers and are placed between two
additional layers which take care of the input and output. The input layer injects the
DNN’s input features into the first layer of neurons, while the output layer returns the
DNN’s outputs, one for each neuron of the layer.

DNNs can also employ residual connections [71]: this is the case when the input of a layer
is summed to its output. In this thesis, pre-activation residual connections [72] have been
used: the result of the activation function of a layer is summed with the input of the layer
itself. Therefore, the output of a layer would be:

⃗yres = ϕ⃗(W · x⃗) + x⃗. (3.22)

If the input and output of the layer have different dimensions, it is possible to project the
input through a learnable linear transformation before the summation:

⃗yres = ϕ⃗(W · x⃗) + Wproj · x⃗. (3.23)
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Inputs Input Layer Hidden Layer 1 Hidden Layer 2 Output Layer

Figure 3.3: Example of a DNN with two hidden layers and one output node. The input
features are distributed to the first hidden layer, whose output is the input to
the following layer. After the hidden layers, the output layer finally returns the
neural network outputs. In this case, this DNN returns one output, as there is
one output node.

Several choices are possible regarding the activation function: a common possibility is the
Rectified Linear Unit (ReLU) [73]

ReLU(x) =

x, if x ≥ 0,

0, if x < 0.
(3.24)

There are also several variants of the ReLU; in this thesis, the Leaky ReLU [74] and the
Sigmoid Linear Unit (SiLU), also called swish [75] have been used:

Leaky ReLU(x) =

x, if x ≥ 0,

0.01x, if x < 0
, SiLU(x) = x

1 + e−x . (3.25)

One more example of activation function is the Scaled Exponential Linear Unit (SELU),
which is shown to have self-normalizing properties, i.e., the distribution of the activated
outputs of a layer is a normal distribution with mean 0 and variance 1 [76]. It is defined as:

SELU(x) = λ

x, if x ≥ 0,

αex − α, if x < 0
, (3.26)

with λ ≈ 1.0507 and α ≈ 1.67326.

Figure 3.3 shows the design of a DNN with two hidden layers and one output node.
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Fully connected feed-forward DNNs are well-suited for problems where there is a fixed
number of physics objects with different features considered as input variables, as is the
case for the DNN shown in Section 5.4.

Training of a neural network

The training of a DNN is the process through which the network’s weights are adjusted
so that the DNN can carry out its designed task. In the case of a classification task, the
training is performed by learning from a set of data points whose classification is already
known, the training sample. In particle physics, the training samples are often derived by
MC simulations.

Let the task be a binary classification: in this case, the network needs to learn how to
discriminate between points in category ȳ = 1 (signal) and ȳ = 0 (background). The output
y of the neural network is a composition of the activation functions ϕ⃗i of the H hidden
layers and the output layer in the form:

y = ϕO(WO · ϕ⃗H(WH · ...ϕ1(W1 · x⃗)...)) = f⃗(x⃗; W1, ...,WH ,WO). (3.27)

In this task, a sigmoid function is often used for ϕO:

ϕO(Z) = 1
1 + e−z , (3.28)

whose minimum and maximum are, respectively, 0 and 1, and is therefore suitable to
represent the probability that the input data point belongs to the signal category. Hence,
the training objective is to update the weights of the DNN so that the output y is as close
as possible to the category ȳ for each of the N data points xi in the training sample. The
usual way to proceed consists of minimizing a loss function L, which is a measure of how
distant the network’s predictions yi are from the true categories ȳi. A common loss for a
binary classifier is the binary cross-entropy:

L = 1
N

N∑
i=1

ln(|ȳi − yi|). (3.29)

The minimization of L as a function of the weights is performed through gradient descent,
with different possible implementations. Intuitively, the gradient of a function represents
the direction in which the function grows the quickest; therefore, moving against the
gradient in the space of weights takes the function to lower values, i.e., where the differences
between the predictions of the DNN ȳ and the categories of the events y are closer to each
other.

The gradient descent algorithm used in this thesis is Adam [77]: the data is divided into
fractions, called batches, and the weights are adjusted one batch at a time. The peculiarity
of the Adam algorithm is that the adjustments depend not only on the gradient calculated
for the current batch but it is combined with information from the previous batches.
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Figure 3.4: An example of a graph. The edges represent connections between the nodes.
x⃗i and x⃗j represent the input features of nodes i and j, while e⃗i,j are the input
features of the edge connecting them.

After the whole training sample has been used, new batches are composed again from the
total sample, and the process is restarted. One iteration over the entire training sample is
defined as epoch.

The gradient itself is calculated through backpropagation [78], which exploits the chain
rule of derivatives applied to the activation functions of the layers in the DNN. The use
of gradient descent is one of the reasons why the activation functions of the neurons
are non-linear: the gradient of a linear function is constant and does not provide any
information valuable to the training.

3.2.2 Graph Neural Networks

Graph Neural Networks (GNN) are a class of Neural Networks with the characteristic
of accepting a mathematical graph as input [79]. A graph is a collection of nodes and
edges connecting some of the nodes. Both can be associated with some input features, as
shown in Figure 3.4. Typically, the nodes represent some object, and the edges represent
the relationships between pairs of such objects. An example from particle physics is
a graph consisting of reconstructed particles as nodes, with transverse momentum and
pseudorapidity as features, and the edges representing features of the connected pair of
nodes, such as the invariant mass or the angular separation. It is advantageous to use
graphs and GNNs to represent the final state of collision events where the number of some
components, for example, jets, is not fixed, but the features of all the observed jets are
meaningful for the task performed, as it applies to the GNN designed in Section 6.4.

The main element of a GNN is a layer that takes the features of the nodes and, possibly,
edges as inputs and returns new features for the nodes. Let all the nodes in the graph be of
the same type, e.g., they have the same input features. Let also x⃗i be the input features of
node i, e⃗i,j the input features of the edge connecting nodes i and j, N (i) the set of nodes
connected to node i by an edge, and o⃗i the output features of node i. Then, one possible
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choice for the output of the i-th node is

o⃗i = ϕ

W1 · x⃗i +
∑

j∈N (i)
(W2 · x⃗j + W3 · e⃗i,j)

 , (3.30)

where W1,2,3 are the trainable weights of the layer, and ϕ is the activation function.

Compared to the layers discussed in the previous section, a GNN treats each node and
its vicinity as a separate instance of the layer, but the weights are shared between the
instances. The layer’s output is then a new graph with a new set of features for each node,
which can be used as input for a subsequent layer.

Generally, three types of prediction tasks can be performed with GNNs: node-level, edge-
level, and graph-level. Node-level predictions require an output for each node under study,
on top of the graph layers. This output can either be a single output node or a DNN
that takes the node output as input. Edge-level predictions demand the extra step of
embedding a feature representation for the required edge. One way of performing the
task is, for instance, concatenating the features of the two nodes connected by the edge
in the last graph layer. The following steps are analogous to the node-level predictions.
Graph-level predictions, on the other hand, require an output for the whole graph and
need an embedding of the graph itself into a feature representation of fixed size. This can
be achieved, for example, by averaging each feature across all the nodes in the last graph
layer of the GNN, a procedure called global mean pooling. So, if the output graph of the
last graph layer of a GNN has N nodes with feature vectors x⃗′

i the graph-level embedding
would be:

o⃗ = 1
N

N∑
i=1

x⃗′
i. (3.31)

Figure 3.5 shows the embedding procedure for the case where each node has M features.

Hence, a graph-level prediction can be obtained by applying an output layer, or a DNN, to
the graph-level embedding, as in the previous cases.

Transformer Convolutional layers

The main graph layer used for the design of the GNN in Chapter 6 is the Transformer
Convolutional Layer [80], which applies the attention mechanism typical of transformer
neural networks [81] to a graph layer. The output o⃗i of the i-th node, using a Transformer
Convolutional Layer, is

o⃗i = ϕ

W1 · x⃗i +
∑

j∈N (i)
αi,j(W2 · x⃗j + W3 · e⃗i,j)

 , (3.32)

with the attention coefficient αi,j

αi,j = softmax
(

(W4 · x⃗i)⊤(W5 · x⃗j + W6 · e⃗i,j)
√
d

)
, (3.33)
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Figure 3.5: Example of embedding of a graph into a fixed-size feature representation through
global mean pooling. The output of the last layer of the GNN is averaged
across all the N nodes.

where, as in Eq. (3.30), ϕ is the activation function, x⃗i is the feature vector of the i-th node,
e⃗i,j is the (possible) feature vector of the edge between the i-th and j-th node, and the
W1,...,6 are the trainable weights of the layer. Additionally, d is the sum of the dimensions
of x⃗i and e⃗i,j , and the softmax function applied to a vector z⃗ of size K is defined as

softmax (z⃗)i = ezi∑K
j=1 ezj

(3.34)

and is treated as an activation function for the attention coefficient.

The attention mechanism allows a node to find the values from the connected notes that
are more important, i.e., that need to be paid more attention. This kind of layer is used
in Section 6.4, where the physics object represented by the node (lepton, jet, photon) is
one-hot encoded in the node features. For instance, the attention coefficient between two
leptons might be larger than the one between a lepton and a jet, signaling that the lepton
node is paying more attention to the fact that a connected node is a lepton, compared to a
different object. This mechanism allows the GNN to autonomously find which edges are
meaningful to the designed task.

One last thing to notice is that the Transformer Convolutional Layer can also be defined
with multiple attention coefficients and weight matrices, in a configuration called multi-
headed attention. When designed this way, the layer can pay attention to multiple patterns
in data and retain more information.
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The output of H-headed attention Transformer Convolutional Layer o⃗i is defined as

o⃗i = ϕ

W1 · x⃗i + 1
H

H∑
h=1

∑
j∈N (i)

αh
i,j(Wh

2 · x⃗j + Wh
3 · e⃗i,j)

 ; (3.35)

αh
i,j = softmax

(
(Wh

4 · x⃗i)⊤(Wh
5 · x⃗j + Wh

6 · e⃗i,j)
√
d

)
. (3.36)

Another implementation of H-headed attention for a Transformer Convolutional Layer
consists of simply having H different outputs in the form of Eq. (3.32), with the W1,2,3 in
common and separate own αh

i,j .

Of course, increasing the number of attention heads is not the only possible way to improve
the accuracy of a model, and as with every procedure in ML, can bring to significant
drawbacks, such as overfitting and increased computational time and resources.
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4 The CMS experiment

The Compact Muon Solenoid (CMS) is one of the four experiments located place at the
Large Hadron Collider (LHC) at the European Organization for Nuclear Research (CERN)
in Geneve, Switzerland. CERN was founded in 1954 and throughout its history it has been
the stage of many discoveries in particle physics, such as the discoveries of weak neutral
currents with the Gargamelle bubble chamber, and the discovery of the Higgs boson at the
LHC, already mentioned in Chapter 1. Furthermore, the W and Z bosons were discovered
at CERN, in 1983, by the UA1 and UA2 experiments [82–84].

4.1 The Large Hadron Collider

The Large Hadron Collider [85] is the world’s largest and highest-energy particle collider,
where two beams of particles travel at about the speed of light and are collided in four
points of intersection, where the four main experiments are located: the Compact Muon
Solenoid (CMS) [86], ATLAS [87], A Large Ion Collider Experiment (ALICE) [88], the
Large Hadron Collider Beauty (LHCb) [89]. The LHC is able to accelerate protons and
ions.

LHC is the last stage of a complex of different accelerators: each machine brings the energy
of the particle beams to a threshold before injecting them into the next stage. As of Run
2 of LHC, between 2016 and 2018, protons are obtained from a hydrogen tank using an
electric field to strip the atoms of their electrons. They are injected into [90]:

• Linac 2, a linear accelerator, which accelerates them up to 50 MeV of energy;

• Proton Synchrotron Booster (PSB), which brings them to 1.4 GeV;

• Proton Synchrotron (PS), which accelerates them to 25 GeV;

• Super Proton Synchrotron (SPS), which raises the energy to 450 GeV before injecting
the beam into the LHC.
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Figure 4.1: A schematic view of the accelerator complex at CERN, including the LHC and
its accelerator chain. For each accelerator, the year in which the operations
began is reported. From Ref [91].

Since 2020, Linac 2 has been replaced by Linac 4, which accelerates negative hydrogen ions
to 160 MeV before feeding them to the PSB. A schematic view of the LHC and its current
injector chain is shown in Figure 4.1.

The LHC is housed in a tunnel 27 km long in circumference, which was originally built
for the Large Electron-Positron Collider (LEP), which was in operation from 1989 to
2000 [92]. Protons in the LHC are accelerated by sixteen superconducting radiofrequency
cavities, which bring the energy of a proton beam to a maximum of 6.8 TeV. The use
of radiofrequency cavities forces the protons not as a continuous beam, but in bunches,
which are separated in time by 25 ns. During Run 2, the maximum energy was 6.5 TeV
per beam, corresponding to a center-of-mass energy of 13 TeV.

A second parameter to describe the performance of a proton-proton collider is the luminosity
(or instantaneous luminosity) L, which is related to the rate of proton-proton collisions R
in the machine through the total inelastic cross section σpp:

R = Lσpp. (4.1)
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Figure 4.2: LHC integrated luminosity over time for the 2015-2018 period. From Ref. [95]

The luminosity only depends on the characteristics of the collider. If the beams collide
with each other without a crossing angle (head-on), the luminosity for a single colliding
bunch i can be calculated as [93]:

L = N1N2f

∫
ρ1(x, y)ρ2(x, y)dxdy, (4.2)

where N1 and N2 are the number of protons in the two colliding bunches, f = 11246Hz is the
LHC orbit frequency, and ρ1 and ρ2 represent the normalized particle density distributions
in the two bunches. The values of ρ are obtained using a method known as Van Der
Meer scan, from its inventor Simon Van Der Meer, which consists in measuring the rate of
interactions as a function of the beam separation at the interaction point [94].

Related to the luminosity is the integrated luminosity L, which is the time integral:

L =
∫

Ldt, (4.3)

integrated over the time in which the collider is in operation. Figure 4.2 shows the integrated
luminosity collected by the CMS experiment during the Run 2 period as a function of time.
While Run 2 extended from 2015 to 2018, the analyses presented in this thesis work are
based on data collected from 2016 to 2018, corresponding to an integrated luminosity of
138 fb−1.
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Figure 4.3: A picture of the CMS detector. From Ref. [96].

4.2 The Compact Muon Solenoid
CMS is a general-purpose particle detector, i.e., it has a broad physics program which ranges
from the study of the Standard Model to the search for new physics beyond it. The detector
is built around a superconducting electromagnet, the Solenoid in the CMS acronym, which
provides the apparatus with a magnetic field of 3.8 T, bending the trajectory of charged
particles and therefore allowing to precisely measure their momentum. The detector is in
the shape of a 28.7-meter-long horizontal cylinder with a 15-meter-long diameter, centered
around the collision point to exploit the cylindrical symmetry of the interaction. Figure 4.3
shows a picture of a layer of CMS during maintenance in Run 2. The CMS detector is
divided in different subdetector systems, each designed for specific measurements and with
precise requirements.

The experiment uses a right-handed Cartesian system of coordinates to describe the collision
events:

• the x-axis points to the center of the LHC ring;

• the y-axis points upwards, orthogonal to the ring;

• the z-axis is along the beam pipe in the counterclockwise direction, observing the
ring from above.

Furthermore, a cylindrical coordinate system is used to describe the quantities related to
the particles arising from the collision:

• the radial distance r from the z-axis;
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• the azimuthal angle ϕ in the xy plane, increasing from the x-axis;

• the polar angle θ in radial direction, increasing from the positive z-axis.

Most commonly, an alternative variable is used instead of θ: the pseudorapidity

η = −ln
[
tan

(
θ

2

)]
, (4.4)

which transforms linearly under the effect of a Lorentz transformation along the z-axis,
if the energy of the particle is much larger than its mass. Because of this property, the
difference in pseudorapidity between two particles is, in this approximation, invariant under
this kind of boosts. Figure 4.4 shows the coordinate systems used in CMS.

Other quantities which are invariant under a Lorentz transformation along the z-axis are:

• the angular distance:
ΔR =

√
Δϕ2 + Δη2; (4.5)

• the transverse momentum pT:

pT =
√
px

2 + py
2. (4.6)

4.2.1 The subdetector systems of the CMS experiment

The CMS detector is composed of several subdetector systems and components:

• Beam Radiation, Instrumentation, and Luminosity (BRIL);

• tracking system;

• electromagnetic calorimeter (ECAL);

• hadronic calorimeter (HCAL);
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• superconducting solenoid;

• muon system.

Many of the systems are divided in two subcomponents: the barrel, which is a cylindrical
layer coaxial with the beam pipe, and the endcaps, which are plane layers placed at the
two ends of the cylinder to ensure the detection of particles which travel close to the z-axis.

The tracker

The tracker is designed to precisely detect the passage of charged particles arising from the
collision, allowing for a good reconstruction of their trajectory. It is the subdetector closest
to the interaction point, as it starts only 30 mm away from the beam pipe. The short
distance allows for the best-possible accuracy in the reconstruction of the secondary vertices
of interaction, e.g., the decay vertices of mesons containing b quarks. The tracker has a
diameter of 2.5 m and a length of 5.8 m; it covers the pseudorapidity range −2.4 < η < 2.4.
It is composed of the inner tracker, made of silicon pixel detectors with pixels of size
100 × 150 µm, and the outer tracker, made of silicon strip detectors with strip pitches
ranging from 10 cm × 80 µm to 25 cm × 205 µm.

When a charged particle passes through the tracker, it knocks out electrons from the silicon
atoms, creating electron-hole pairs. The pairs are directed by an electric field to electrodes
applied to the sensors, where they are collected. The movement of the electrons and holes
generates a current which is picked up and amplified by a readout system.

The inner detector has an accuracy of 10 µm and of 20 µm for the radial and transverse
positions, respectively [98]. It was originally designed to include 60 millions pixels dis-
tributed in three barrel layers and the two endcaps. After an upgrade performed between
the years 2016 and 2017, it features 124 million pixel detectors distributed in four barrel
layers and three endcaps [99]. Additionally, the outer tracker has an accuracy between
35 µm and 52 µm for the radial position and 530 µm in the transverse position.

The Electromagnetic Calorimeter

The ECAL is a hermetic homogeneous calorimeter made of lead tungstate (PbWO4)
crystals [100, 101]. Its main purpose is the measurement of the total energy of high-energy
electrons, or positrons, and photons which enter the detector. Electrons interact in the
material of the ECAL by undergoing bremsstrahlung, which is the radiation of a photon.
Photons, instead, interact in the material by converting into electron-positron pairs. The
combination of these phenomena causes the energy of an incoming particle to be quickly
dissipated into the production of a multitude of lower-energy particles; a process called
electromagnetic shower. The energy of the shower is deposited into the crystals of the
ECAL, causing its atoms to reach excited energy states. The return to the ground energy
state of the atoms of the PbWO4 lattice is mediated by the emission of photons in the
visible spectrum, which are collected by different photodetectors, generating an electric
signal. Avalanche photodiodes are used in the barrel, while the endcaps are equipped with
vacuum phototriodes. The ECAL is placed at a radial distance between 1.25 m and 1.8 m
from the beam pipe.
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Figure 4.5: Longitudinal view of one quarter the CMS detector. The locations of the
hadron barrel (HB), endcap (HE), outer (HO) and forward (HF) calorimeters
are shown. From Ref. [86].

The Hadronic Calorimeter

The HCAL is a sampling calorimeter, i.e., it is made of layers of active material and
absorber. The active material is made of a fluorescent scintillator, the absorber is cartridge
brass. The main purpose of the hadronic calorimeter is the measurement of the energy of
hadrons produced in the collision event. The hadrons interact with the nuclei of the atoms
of the absorber through the strong interaction, which causes the production of hadronic
showers. The showers present an electrically charged component, e.g., charged mesons or
leptons from their (semi-)leptonic decays, which create a signal in their passage through
the fluorescent scintillator, with a similar mechanism as in the ECAL. The presence of
the absorber is made necessary by the fact that the mean free path for a hadron in a
material is one order of magnitude larger than for an electron, or a photon, in the same
material [14]. The mean free path is inversely proportional to the density of the material,
as the presence of more nuclei translates to a higher probability of a hadron interacting
with one of them. Hence, alternating layers of active material and higher-density absorber
allows the calorimeter to contain the entire development of the hadronic shower in the
thickness of the detector.

The HCAL is divided in Barrel (HB) and Endcap (HE) sections, with a range |η| < 3.0.
Additionally, an Outer Barrel (HO) and a Forward (HF) sections are present, realized with
different materials. A view of all four HCAL section is displayed in Figure 4.5.

The HF is 11.2 m away from the interaction point along the z-axis, covering the pseudora-
pidity range 3 < |η| < 5.2. It is made of quartz fibers embedded within a 165 cm long steel
absorber and exploits a technology based on the Cherenkov effect. The HO is composed of
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scintillators that are placed outside the solenoid to ensure adequate sampling depth and to
measure late shower development.

Solenoid

The solenoid is a superconducting coil surrounding the tracker and calorimeters, apart for
a small portion of HCAL. It provides the detector with a uniform 3.8 T magnetic field. An
iron return yoke is located around the magnet to avoid border effects, and to bend the
lines of force in a way to provide an almost constant magnetic field of 1.8 T magnitude
outside the solenoid bore, as well.

Muon system

The muon system is the part of the detector which is used for muon identification, momentum
measurement and triggering. Muons are the final products in many processes, and can
pass through multiple layers of material while losing only a small fraction of their energy.
Therefore, the muon system of CMS is the outermost layer of the detector, placed in
between layers of the iron return yoke, where only muons are expected to survive. It covers
an active area of about 25000 m2. Three types of gas detectors are used: drift tubes (DTs),
cathode strip chambers (CSCs) and resistive plate chambers (RPCs). Their functioning
principle is based on the ionization of the gas by the passage of the muon. The electrons
and ions are then collected by electrodes (wires, strips, or plates), generating a signal which
is read out by the dedicated electronics.

The DTs are placed in the barrel and cover a pseudorapidity range |η| < 1.2. They are
arranged in four stations which form concentric cylinders around the beam line. The DTs
are used are the main tracking system for muons in the barrel.

The CSCs are placed in the endcaps, covering a range 0.9 < |η| < 2.4. The cathode strips
and anode wires in the CSCs are arranged in a cross pattern, allowing to measure two
position coordinates for each passage of a muon. In a CSC, the electrons knocked out of
the gas atoms create electronic avalanches next to the anode wires, creating a clear signal.

The RPCs are placed both in the barrel and the endcaps and have very fast response,
in the order of nanoseconds, and very good time resolution. These features make them
especially valuable for triggering purposes.

Trigger

The LHC provides proton-proton bunch crossings at a maximum rate of 40 MHz, with an
average of 35 collisions per crossing. The maximum rate of collision events collected by
CMS that can be stored was, for Run 2, around 1 kHz. This drastic reduction in the rate
of stored events is achieved by the trigger, which is composed of Level-1 trigger (L1 trigger)
and High Level Trigger (HLT).

The main principle behind the trigger selection is to select all possible interesting events,
which are the ones that can be used for new physics analyses and measurements.
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The L1 trigger, built with custom-designed electronics, has a latency of 4 µs, reducing
the incoming rate to 100 kHz [102]. It is divided in a muon component and a calorimeter
component.

The former is based on information from the muon systems, whose signals are combined
together into trigger primitives (TPs). The TPs are used in the reconstruction of muon
tracks, which are ranked in quality and sent to the Global Muon Trigger, which removes
duplicate tracks coming from different TPs and in turn sends the information to the Global
Trigger.

The L1 calorimeter trigger is divided in two layers. The first layer reconstructs TPs from
the energy deposits in the ECAL and HCAL. The second layer combines this information
into the reconstruction of the physics objects, such as electrons, photons, jets, and energy
sums. The second layer communicates with the Global Trigger, whose task is to take the
final decision to reject the event or to pass it to the HLT for further evaluation.

The HLT, is an offline software trigger which runs a streamlined version of the reconstruction
algorithms, described in the next section, and finally select events for further analysis and
storage [103, 104]. The HLT functioning revolves around the concept of trigger paths, which
are sets of algorithmic processing steps. These include steps to reconstruct the particles
produced in the collision events, and to select the events if the reconstructed objects respects
predetermined thresholds, e.g., in transverse energy, isolation, reconstruction quality.

BRIL

The BRIL subsystem is responsible for the monitoring of the luminosity collected by
the CMS detector. It uses both detectors specifically built to measure luminosity, such
as the fast beam conditions monitor BCM1F and the pixel luminosity telescope (PLT),
and information coming from other subsystems, such as the inner tracker, the HF, and
the DTs. The redundancy results in a reduction in the systematic uncertainties of the
luminosity measurements and in the safeguard against the possibility of all detectors not
being available in the same period.

The measurement of the luminosity is performed through the measurement of a rate R
specific to the detector (hits, tracks, clusters), with the proportionality constant given by
the visible cross section σvis:

L = R

σvis
. (4.7)

The value of σvis is specific to each detector and includes factors due to the conditions of
the detector, its geometric acceptance and efficiency. It is usually measured according to
the provisions in Ref. [93] in special LHC fills devoted to VdM scans.

4.3 Event reconstruction

The event reconstruction at CMS is based on a Particle-Flow (PF) algorithm [105], i.e., a
global reconstruction technique which optimally combines information from all subdetector
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Figure 4.6: A schematic view of a transverse slice of CMS, showing the interactions of the
particles with the subdetector systems. From Ref. [105].

systems to reconstruct all final-state particles produced in the collision event. Typically,
in CMS, electrons can be reconstructed by the hits they generate in the tracker, and a
matching energy deposit in the ECAL. Photon reconstruction is based on the energy deposit
in the ECAL. Charged hadrons are also reconstructed by hits in the tracker, followed
by a hadronic shower, which can start in the ECAL, but ultimately is absorbed by the
HCAL. Neutral hadrons are reconstructed by the energy deposit in the ECAL and HCAL.
Finally, muons can be reconstructed by the hits they generate in all detector layers, as
they are usually the only particles which pass through the entire detector. Their transverse
momentum is reconstructed by the curvature of their trajectory in the magnetic field of
the solenoid.

The interactions of the particles in the volume of the detector are graphically summarized
in Figure 4.6, where a schematic view of a transverse slice of CMS is shown.

This section describes the methodologies used in the reconstruction of the different particles
produced in the collision events.

Tracks and primary vertices

The first reconstruction step is the determination of the tracks of the charged particles
produced in the collision. This is done through a combinatorial track finder algorithm
based on a Kalman filter [106, 107]. It proceeds in three stages: a few hits compatible
with the passage on one particle are taken as seed; a pattern recognition algorithm is used
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to collect all hits compatible with the seed track; a global fit is performed to extract the
properties of the charged particle.

This algorithm is run iteratively for ten times, with looser quality requirements for the
tracks at each step. Hits corresponding to reconstructed tracks are not considered in
following iterations of the track finder algorithm. Moreover, the last iteration is designed to
consider hits in the muon system as seed, aiming at increasing the reconstruction efficiency
for muons. This procedure ensures high efficiency in the reconstruction of the tracks, while
maintaining the misreconstructed track rate at the same level as the first iteration.

The reconstructed tracks are used for the primary-vertex reconstruction, i.e., the measure-
ment of the location of all proton-proton interaction vertices in an event, including both
the signal vertex and vertices from pileup (PU) collisions. The PU collisions are comprised
of all other proton-proton collisions that are simultaneous with the signal collision under
study. Primary-vertex reconstruction consists of three steps [98]. First, tracks that are
compatible with the primary interaction region are selected. This region consists of the
volume close to the interaction point. Secondly, the tracks that appear to originate from
the same vertex are clustered together, and are then used in a fit to extract the position of
each vertex.

Muons

In CMS, isolated muons are reconstructed with an efficiency close to 100%, and the
reconstruction of their tracks is different from the one generally used in the PF algorithm.
Three non-mutually-exclusive types of muons are reconstructed in CMS. Hits in the DTs
and CSCs detectors are clustered to form track segments which act as seeds used by a
pattern recognition algorithm to cluster all compatible hits in the muon system. These
tracks are defined as standalone muons. If the standalone muon is compatible with a track
reconstructed in the inner tracker of the detector, the hits from the two tracks are combined
to perform a new fit which returns a global muon. Lastly, each track reconstructed in the
inner tracker with pT > 0.5 GeV and p > 2.5 GeV is extrapolated to the muon system. If
at least one track segment matches the track, this latter is considered a tracker muon.

Electrons and photons

Electrons and photons are expected to deposit all their energy in the ECAL, through
an electromagnetic shower. Because of the similarities in the way they interact with the
detector, electrons and photons are reconstructed in the same step. Because of the thickness
of the tracker, the electromagnetic shower can be initiated before the particle is able to
reach the ECAL, generating multiple particles which, in turn, produce scattered energy
clusters in the ECAL, which need to ultimately be related to the original incoming electron
or photon. Additionally, the emission of a photon from an electron in the tracker causes
the electron to bend while in the tracker. In order to accurately reconstruct electrons,
their track finding algorithm is based on a Gaussian-Sum Filter (GSF) [108], and not on a
Kalman filter.
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The reconstruction proceeds in the following steps [100]. ECAL clusters are formed by
grouping together crystals which measured energy exceeding a predefined threshold. In any
specific region, a seed cluster is defined as the one with the most energy, which needs to be
greater than 1 GeV. Clusters within a certain area around a seed cluster are combined
together into a supercluster (SC). Seeds in the pixel detector that are compatible with
the position of the SC, and the trajectory of an electron, are used as seeds to the GSF
algorithm.

At the same time, a dedicated algorithm [109] is used to identify tracks which are compatible
with the conversion of a photon into an electron-positron pair in the volume of the tracker,
defined as conversion tracks. Electrons are identified by SCs linked to a GSF track
compatible with the trajectory of an electron. Photons are identified by SCs which do not
have a GSF track, or that are compatible with conversion tracks.

Missing transverse energy

The last step of the PF algorithm is the calculation of the missing transverse energy (MET),
which is defined as the negative vector sum of the transverse momenta of all the particles
reconstructed in the event:

p⃗miss
T =

∑
i=particle

p⃗T,i. (4.8)

The interacting partons in the colliding protons have no transverse momentum, so the
total transverse momentum of the particles in the final state should be zero. A deviation
from zero, i.e., a non-null MET can indicate the presence of undetected particles, such as
neutrinos.

4.3.1 Detector simulation

After parton showering and hadronization, simulated proton-proton collision events need to
be processed through a full simulation of the CMS detector, in order to be compared with
the observed data. The simulation of the passage of the particles through the detector, and
their interactions with the subdetector systems and the magnetic field are performed with
the Geant4 toolkit [110]. The software includes a full model of the CMS detector. The
output of the Geant4 simulation is then processed by the PF algorithm in the same way
as the data collected by the detector. Furthermore, the simulated events at CMS include
the effect of pileup, whose distribution is based on the one expected in the observed data.

60



5 First evidence for the production of the
tWZ process

The first analysis discussed in this thesis is the search for the SM tWZ process, which
resulted in the first evidence for the process and was published in Ref. [111].

The tabulated results of this analysis are provided in the HEPData record [112].

Section 5.1 presents an introduction to the analysis and its motivations. The overview of
the strategy and workflow of this search, outlining the trigger selection, the reconstruction
and identification of the physics objects, and the processes that represent a background to
the tWZ process, are given in Section 5.2. Section 5.3 defines the signal and control regions
in which the analysis is performed; it also describes the design, training, performance, and
validation of the classifiers used to discriminate between the signal and the background
processes in the signal regions. Section 5.4 is dedicated to the detailed description of the
DNN algorithm which is used to classify top quarks with high transverse momentum which
decay in leptons. Section 5.5 details the systematic uncertainties that are considered in the
maximum likelihood fit used to extract the signal strength and statistical significance of
the tWZ process. Finally, the results of the search are presented in Section 5.6.

5.1 Introduction

The associate production of a top quark with a W and a Z boson is conceptually similar
to the tW production process. The main difference is, of course, the emission of a Z boson
from any internal or external line of the Feynman diagrams for the production process.
These are shown in Chapter 2, together with the studies performed on the modeling of the
physics process.

The theoretical interest in tWZ does not stop at the definition of a reliable and sound
modeling; the process has been found to be a very promising channel to uncover effects of
physics beyond the Standard Model in the context of the Effective Field Theory (EFT)
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Figure 5.1: Illustrative Feynman diagrams for the tWZ (left) and tt̄Z (right) processes
in the final state with three leptons. The main difference between the two is
represented by the presence of one hard b jet coming from the decay of the top
anti-quark in tt̄Z.

approach [113]. Furthermore, recent theoretical studies suggested that these effects are
enhanced in the regions of phase space where the final state particles are produced with
high energy [54].

The most challenging aspect of the experimental search for the tWZ process is undoubtedly
represented by the extreme similarity with the tt̄Z process. This similarity not only affects
the modeling of the signal process, but it also makes it complicated to distinguish between
collision events traceable to either process. The only difference in the final state signatures
consists of one additional b jet arising from the decay of the second top quark in the tt̄Z
process, which is not always reconstructed or identified.

The two illustrative Feynman diagrams in Figure 5.1 show the difference between tWZ
(left) and tt̄Z (right) in the case where three leptons are present in the final state.

One more hurdle in the identification of tWZ events is represented by the fact that its
cross section is significantly smaller than the theoretical cross section for the production of
the tt̄Z process. It is calculated to be σtt̄Z = 859+76

−84 fb at NLO, in QCD and electroweak,
and next-to-next-to-leading logarithmic accuracy [114]: almost seven times as large as the
theoretical tWZ cross section of σDR1

tWZ = 130 fb. The latest measurement performed by the
CMS experiment resulted in a measurement of σexp

tt̄Z
= 0.95 ± 0.05 (stat) ± 0.06 (syst) pb,

compatibly with the theoretical prediction.

The tWZ analysis is carried out in the three- and four-lepton final states, where the Z
boson decays into oppositely charged leptons, and either the W boson or the top quark, or
both, decay with a charged lepton in the final state. The final state signature with three
leptons is completed by the presence of a b jet coming from the decay of the top quark
and two light jets which come from the hadronic decay of the W boson, in addition to a
neutrino, which results in high MET. The four-lepton final state is characterized by the
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presence of the b jet alone and two neutrinos, which are also responsible for high MET.
The charged leptons considered are electrons and muons.

The strategy employed in this search is based on dividing the collected data into multiple
signal and control regions, so to constrain the uncertainties coming from all the contributing
processes as well as possible.

Additionally, the analysis relies heavily on the use of machine learning algorithms to create
classifiers to separate the signal from the background processes in each signal region of the
analysis. Most of the classifiers are used as templates to be fitted through the Maximum
Likelihood Estimation technique, as described in Chapter 3.

Furthermore, the analysis employs a boosted leptonic top-tagger, described in Section 5.4,
which is used to identify combinations of b jets and leptons that are likely to come from
the decay of a high-pT top quark. The aim of this high-energy region is to define a phase
space where the tWZ process might be more sensitive to the effects of new physics.

The result of the search is presented in Section 5.6, where the statistical significance of the
signal is calculated through both a fit where the signal strength of tWZ µtWZ is the only
parameter of interest, and a simultaneous fit of µtWZ and µtt̄Z , the signal strength of the
tt̄Z process. In either case, the significance of the signal is found to be greater than three
standard deviations from the background-only hypothesis, representing first evidence of
the tWZ process at the LHC.

5.2 Analysis overview

The search for the SM tWZ process has been carried out using proton-proton collision data
collected by the CMS experiment at

√
s = 13 TeV in the years 2016-2018, corresponding

to an integrated luminosity L = 138 fb−1. The data-taking was divided in four periods:
2016 pre-VPF, 2016 post-VFP, 2017, and 2018. While the division between different years
is justified by upgrades made to the CMS subdetector systems at the end of every year,
the division between 2016 pre-VFP and post-VFP is due to an issue in the silicon tracker
during the Summer of 2016. It was found that the discharge time of the pre-amplifiers
used in the readout of the tracker showed a dependency on the occupancy rate, i.e., to
the instantaneous luminosity. This caused a loss of efficiency in the detection of tracker
hits. The solution was the application of a voltage bias to the pre-amplifier (VFP) which
increased the discharge speed of the pre-amplifiers [115].

This section describes the simulation of the signal samples, the trigger logic used to select
the events of interest, the physics objects reconstruction, and the background processes
present in the analysis.

5.2.1 Signal simulation

The signal process is simulated according to the prescriptions given in Chapter 2. The
simulated samples are produced using the MadGraph_aMC@NLO generator at NLO in QCD
with the 5FS, using MadSTR to implement the DR1 and DR2 schemes. The DR1 modeling
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is considered as the nominal prediction for the process, while the DR2 scheme is used
to estimate the theoretical uncertainties. The samples produced by MadGraph_aMC@NLO
are generated to the matrix element level. Pythia8 is then used to simulate the parton
showering of the events and the hadronization.

Furthermore, in order to increase the number of simulated events used to model the
high-energy region of the phase space, additional samples have been produced with a
requirement on the pT of the top quark, which is set to be greater than 270 GeV. In order
to correct the disagreement between the DR1 and DR2 schemes in the high-pT region, the
b-veto criterion is applied to these samples, as described in Section 2.2.2. The number of
events is then renormalized to the pre-veto value.

5.2.2 Trigger selection

Only a part of the events collected by the CMS experiment can be stored for further
analysis, due to the high rate of collision events produced by the LHC. The decision on
whether to record or discard a collision event is taken by the CMS two-tiered trigger system.
As explained in Chapter 4, the final decision on the selection of a collision event is taken
by the HLT. For this analysis, the events are collected using an extensive combination of
single-, di- and tri-lepton (muon or electrons), plus photon trigger paths. These latter ones
are included in the analysis to increase the efficiency for the selection of high-pT electrons,
which can be wrongfully reconstructed as photons. This combination has first been used for
the measurement of associated production of a top quark and Z boson (tZq) in Ref. [116],
where it has been proved to have a selection efficiency close to 100% for the selection of
events with three leptons with transverse momenta pT > 25, 20, 10 GeV.

5.2.3 Objects reconstruction and identification

Following the trigger selection, the PF candidates are required to pass a series of offline
selection criteria in order to be considered for the subsequent steps of the analysis.

Leptons

The main strategy of this analysis is using a multi-lepton final state in order to reduce the
contamination from the background processes, as the SM does not allow many processes
that produce three or four leptons in the final state at LHC; the ones that are allowed
are described in Section 5.2.5. Nevertheless, this choice comes at the cost of increased
probability of selecting nonprompt leptons. Prompt leptons are the ones coming from
the decay of the W and Z bosons or from the leptonic decay of a τ lepton, which itself
originated from the decay of a boson. Nonprompt leptons are misidentified hadrons,
misidentified photons, or genuine leptons, which are produced in semileptonic decays of
hadrons, especially b hadrons. They are identifiable by being less isolated, originating from
a secondary vertex, or being close to a b jet.

It is fundamental to reduce the rate of nonprompt leptons that are erroneously selected
as much as possible. The TOP LeptonMVA boosted decision tree algorithm has been
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developed to identify prompt leptons with high efficiency and low rates of nonprompt
lepton misidentification and has been profitably used in CMS analyses in multileptonic
final states [116, 117].

Table 5.1: Preselection criteria for the TOP LeptonMVA algorithm for electrons and muons.
Electron Muon

pT > 10 GeV pT > 10 GeV
|η| < 2.5 |η| < 2.4
dxy < 0.05 dxy < 0.05
dz < 0.1 dz < 0.1
SIP3 < 8 SIP3 < 8
Imini < 0.4 Imini < 0.4
Nmiss < 2 Has track in both tracker and muon system

Medium ID

The PF lepton candidates are first required to respect a set of preselection criteria,
which are reported in Table 5.1, where dxy and dz are the transverse and longitudinal
impact parameters, respectively, and SIP3 is the significance of the impact parameters in
three dimensions, defined as the ratio of the impact parameter itself and its uncertainty.
Additionally, Nmiss is the number of missing hits in the inner tracker, and the muon Medium
ID refers to a set of identification criteria described in Ref. [118]. Also, the muons undergo
a further correction of the measured pT, as prescribed in Ref. [119].

Furthermore, the relative isolation of the leptons is defined as the scalar sum of the pT of
the PF candidates in a cone centering on the lepton direction, excluding the lepton itself.
For electrons, the relative isolation is given by:

Irel = 1
pT

 ∑
charged

pT + max

0,
∑

neutral
pT +

∑
photon

pT − ρA

 , (5.1)

where ρ is the average pT flow density in the event, and A is the area of the geometric cone
used to calculate the isolation. For muons, the term ρA is replaced by 1

2
∑

PU charged pT,
where the pT is summed over the charged PF candidates not associated with the primary
vertex [120]. In the case of the mini-isolation, used for the preselection, the radius of the
isolation cone R is given by

R =


0.2, pT,ℓ ≤ 50 GeV,
10 GeV

pT,ℓ
, 50 GeV < pT,ℓ < 200 GeV,

0.05, pT,ℓ ≥ 200 GeV.

(5.2)

The idea of correlating the size of the isolation cone with the pT comes from considering
the decay of a massive particle with a lepton and a jet in the final state [121], as it is the
case for the leptonic decay of a top quark. If the top has high energy, the decay products
tend to be collimated, with a typical angular distance between them ΔRprod ≈ 2 mt

pT,t
, with

mt and pT,t being the mass and the pT of the decaying top quark, respectively. Decreasing
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R with the increasing pT of the lepton reduces the probability of the isolation cone and
the b jet accidentally overlapping.

The TOP LeptonMVA employs input features related to the kinematic properties, isolation,
and impact parameters of the lepton, and properties of the closest jet.

The leptons in this analysis are selected when their MVA output is above the medium
working point, for which the prompt lepton selection efficiency is 93%, and the nonprompt
lepton selection efficiency is O(1%). Both efficiency values are calculated with respect to
the preselection.

Jets

In the final state of the tWZ process, hadronic jets arise either as b jets from the decay of
the top quarks or from the hadronic decays of the W boson. Furthermore, the presence of
an extra b jet in the selected event is a good indicator of the tt̄Z process, and it is useful in
the discrimination between the two processes. In this analysis, the jets are reconstructed
using the anti-kT algorithm with a distance parameter of 0.4 (AK4 jets) [122], with the
PF candidates used as input. The charged PF candidates which are associated with a
pileup vertex are not considered in the jet reconstruction, following the Charged Hadron
Subtraction (CHS) algorithm [123].

Jets are selected in the analysis if they satisfy the requirements outlined in Ref. [123], they
have pT > 25 GeV and are central, |η| < 2.5. In case their pT is smaller than 50 GeV, they
are also required to pass the loose working point of an MVA-based PU jet ID, defined as
selecting non-pileup jets with 99% efficiency. Furthermore, jets need to be separated from
the selected leptons by ΔR > 0.4.

The jets undergo a series of corrections to the energy scale calibration, and the differences
in the jet energy calibration (JEC) and resolution (JER) between data and simulation are
corrected according to the prescriptions in Ref. [124].

A jet is considered b-tagged if it passes the medium working point of the DeepFlavour
algorithm [125, 126]. The DeepFlavour algorithm is a DNN that leverages information
from PF candidates and secondary vertices in a jet to provide the probability that a given
jet is a b jet, a c jet, or a light jet.

Fat jets

In addition to AK4 jets, the analysis also makes use of anti-kT jets with a distance parameter
of 0.8 (AK8 jets), with the aim of reconstructing the hadronic decays of high-pT top quarks.
The decay products from a high-pT top quark are expected to receive a large Lorentz boost,
which collimates them and makes them appear as a single large-radius jet. An AK8 jet is
selected if it has pT > 300 GeV and |η| < 2.4, and it is required to be separated from the
selected leptons by ΔR > 0.8. Additionally, the AK8 jet is required to be within ΔR < 0.8
from a selected AK4 jet.
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Missing transverse energy

The neutrinos produced in the leptonic decays of the W bosons cannot be detected in
CMS, as they exit the detector without interacting with it. The MET is used as a proxy
to reconstruct its properties. In this analysis, type 1 MET is used, which is calculated as:

p⃗miss
T = −

( ∑
Unc. PF

p⃗T +
∑
Jets

p⃗T

)
, (5.3)

where the unclustered PF candidates are the ones that are not associated to any jet. The
jets, after the application of energy corrections, are used instead of the PF candidates they
were reconstructed from. This increases the precision of the pmiss

T measurement, as the pT

of jets is usually measured with higher precision than the pT of its components.

5.2.4 Top quark reconstruction

The properties of the top quarks in the events contribute significantly to the discrimination
between the tWZ and tt̄Z processes, and they are employed in the phase space with three
leptons in the final state. There are two main complications in the reconstruction of top
quarks from their decay products. The first one is the presence of a neutrino in the final
state, whose longitudinal momentum cannot be measured. The second one is that there is
no unique way to assign the leptons and the jets to either the top quark or the W boson
in the process.

Neutrino longitudinal momentum

The momentum of the neutrino is reconstructed according to the recipe given in Ref.[127].
It is based on imposing the conservation of energy in the Wℓν vertex, where the lepton is
the one not associated with the Z boson, and the neutrino is considered to be the only
source of MET. Therefore, the longitudinal component of the neutrino momentum p⃗ν is
calculated as the solution of the equation:

(p⃗ν + p⃗ℓ)2 = m2
W , (5.4)

with
p⃗T,ν = pmiss

T . (5.5)

A detailed description of the solution to Eq. (5.4) is given in Appendix A.

Assignment of the decay products

Having reconstructed the momentum of the neutrino, it is now possible to assign the lepton
and the jets to the top quark and the W boson. Two chi-square quantities are constructed,
χ2

had representing the hypothesis where the top quark decays into jets and the W boson
into a lepton and a neutrino, and χ2

lep representing the hypothesis where the lepton comes
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from the top quark decay and the W boson decays into jets. The two chi-square quantities
are:

χ2
had =

(
mbjj−mt

σt,had

)2

+
(
mW −mℓν

σW ,lep

)2

=
(
mbjj−mt

σt,had

)2

, (5.6)

where the second term vanishes because of Eq. (5.4), and

χ2
lep =

(
mbℓν −mt

σt,lep

)2

+
(
mjj−mW

σW ,had

)2

. (5.7)

In these equations, mbjj is the invariant mass of the three jets selected, mbℓν is the invariant
mass of the b jet and the lepton and neutrino, mt is the top quark mass, mW is the
W boson mass, mℓν is the invariant mass of the lepton and the neutrino, and mjj is the
invariant mass of the two jets which are not b-tagged. If the discriminant in Eq. (6.3)
is positive, two solutions are found, and the one that yields the smallest value of χ2

lep is
selected. The σ terms are the resolution on the reconstructed invariant masses of the top
quark and the W boson and are measured in simulation to be:

σt,had = 22 GeV, (5.8)
σt,lep = 19 GeV, (5.9)

σW ,had = 12 GeV. (5.10)

5.2.5 Background processes

Because of its extremely similar topology, the tt̄Z process is the main background in this
analysis. Its contribution is estimated using simulated data, which is generated with the
MadGraph_aMC@NLO generator at NLO in QCD with the 5FS and interfaced with PYTHIA8
for parton shower and hadronization. Nevertheless, tWZ and tt̄Z are not the only processes
that can decay into a final state with three (or four) leptons and a b jet in the final
state. Other processes that contribute to the same final space signature have cross sections
comparable, or larger, than tWZ .

tZq

The tZq process is the production of a top quark in association with a Z boson and a light
quark, as shown in Figure 5.2. When the Z boson decays into a pair of leptons and the
top quark decays leptonically, the final state signature is similar to the one of the tWZ
process. One main feature of the tZq process is that the light jet tends to be collinear
with the beam axis [116]; this information is useful in the discrimination between the two
processes. The tZq process is simulated using MadGraph_aMC@NLO at NLO in QCD with
the 4FS and PYTHIA8.

W Z and ZZ with associated jets

The associate production of two heavy vector bosons, shown in Figure 5.3, is also a
significant background in this analysis, as it can decay into a final state with three or four
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Figure 5.2: Example of a Feynman diagram for the tZq process in the 4FS.

q W (Z )

q̄′ (q̄) Z

g

q′(q)

q′(q)

Figure 5.3: Example of a Feynman diagram for the associate production of WZ (ZZ) and
hadronic jets.

leptons and be produced in association with hadronic jets via additional QCD radiation.
The cross section, being in the order of tens of picobarn [128, 129], makes the contribution
from erroneously b-tagged light jets significant. The ZZ production is simulated at LO
level using PYTHIA8.

A smaller contribution is represented by the production of W Z in association with a
genuine b jet. This process is simulated using MadGraph_aMC@NLO at NLO in QCD and
PYTHIA8.

Processes with photons

Processes that produce a pair of leptons and a photon in the final state represent a
contribution to the background in the analysis. The photon can convert into a pair of
leptons because of the interaction with the detector, and one of the leptons can be produced
so that it can pass the required selection criteria. The main processes that contribute to
this kind of background are the associate production of a Z boson or of a top quark pair
with a photon, simulated with MadGraph_aMC@NLO at NLO at LO in QCD, respectively, and
interfaced with PYTHIA8. The conversion of photons in the detector materials is simulated
with Geant4, which was found to provide a good modeling of the process in Ref. [116].
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Other background processes

Other background processes that contribute to the final state signature of the analysis are
the associated production of a top quark (pair) with heavy vector bosons, such as tt̄W ,
shown in Figure 5.4, which is generated at NLO in QCD with MadGraph_aMC@NLO and
PYTHIA8. Other examples are the tt̄V V processes, with V being a W or a Z boson, which
are all generated at LO in QCD with the same generators. Finally, the V V V processes are
also considered, and the used simulation was generated with MadGraph_aMC@NLO at NLO
in QCD and interfaced with PYTHIA8.

Figure 5.4: Example of a Feynman diagram for the associated production of a W boson
and a top quark pair.

q

q̄′
W

t

t

Processes containing nonprompt leptons

Despite the effectiveness of the TOP LeptonMVA in rejecting nonprompt leptons, residual
considerable contamination remains. The main sources are represented by the Drell-Yan
and tt̄ processes, in virtue of their large cross sections. Unlike others, the contribution from
this background is not inferred from simulation but is calculated from data, using the fake
rate method (also known as tight-to-loose method), largely inspired by Refs. [116, 130].

The method is based on the definition of fakable leptons, i.e., leptons which fail the TOP
LeptonMVA medium working point while still passing the preselection criteria (Table 5.1)
and additional requirements defined in Table 5.2. Here, Electron MVA ID is the output
of the MVA algorithm developed by the CMS collaboration to identify electrons [131],
the associated jet is the one that shares PF candidates with the leptons, if it exists, and
pratio

T is the ratio between the pT of the lepton and the pT of the associated jet. These
requirements are found to be the ones for which the DNN distributions in the Application
Regions and Measurement Regions (defined below) are the most similar. For the remainder
of the discussion on the fake rate method, the leptons that pass the TOP LeptonMVA
medium working point are referred to as tight leptons in order to distinguish them from
the fakeable leptons.

The following step in the modeling of the nonprompt-lepton background is the construction
of Application Regions (AR) which are defined in the same way as the Signal Regions of
the analysis, with the key difference that at least one lepton is required to be fakeable.
The estimation of the distribution of nonprompt-lepton background in the SR is obtained
through the following calculation, which is valid for phase spaces with two leptons; it is
then generalized to the cases with three and four leptons, which are relevant to the tWZ
analysis. Denoting as fi the fake rate, i.e., the probability that the i-th lepton in an event
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Table 5.2: Additional selection criteria for fakeable leptons.
Variable Data-taking era Electron Muon

Electron MVA ID All Loose -

DeepFlavour score of associated jet

2016 pre-VFP < 0.15 < 0.60
2016 post-VFP < 0.08 < 0.60

2017 < 0.08 < 0.60
2018 < 0.06 < 0.50

1
p

ratio
T

− 1
2016 pre-VFP < 0.30

-2016 post-VFP < 0.35
2017 < 0.30
2018 < 0.35

is nonprompt but tight, and as ϵi the probability that the i-th lepton is prompt and tight,
it is possible to relate the number of pairs of tight or fakeable lepton to the number of
pairs of prompt or nonprompt leptons:

Ntt

Ntf

Nft

Nff

 =


ϵ1ϵ2 ϵ1f2 f1ϵ2 f1f2

0 ϵ1(1 − f2) 0 f1(1 − f2)
0 0 (1 − f1)ϵ2 (1 − f1)f2

0 0 0 (1 − f1)(1 − f2)




Npp

Npn

Nnp

Nnn

 , (5.11)

under the assumption that 1 − ϵi ≈ 0. The subscript t (f) in the i-th position on the
left-hand side of Eq. (5.11) indicates that the i-th lepton is tight (fakeable). On the
right-hand side, the subscript p (n) indicates that the i-th lepton is prompt (nonprompt).

The factor ϵ1ϵ2Npp is taken from simulation and the number of events, in the signal regions,
coming from the background of nonprompt leptons is:

N bkg
tt = ϵ1f2Npn + f1ϵ2Nnp + f1f2Nnn (5.12)

The 3x3 submatrix of the last three rows and columns of the matrix in Eq. (5.11) can be
inverted analytically in order to find:

Npn

Nnp

Nnn

 =


1

ϵ1(1−f2) 0 − f1
ϵ1(1−f1)(1−f2)

0 1
ϵ2(1−f1) − f2

ϵ2(1−f1)(1−f2)
0 0 1

(1−f1)(1−f2)



Ntf

Nft

Nff

 . (5.13)

By replacing into Eq. (5.12), it is found that the distribution of the nonprompt-lepton
background in the signal regions is

N bkg
tt = f2

1 − f2
Ntf + f1

1 − f1
Nft − f1f2

(1 − f1)(1 − f2)Nff . (5.14)

Repeating the calculation for a higher multiplicity of leptons, the number of events coming
from the background of nonprompt leptons in a signal region is given by the data events in
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the correspondent AR weighted by:

w(l1, l2, ..., ln) = (−1)n
n∏

i=1

fi

1 − fi
, (5.15)

where li is the i-th fakeable lepton and n is total number of fakeable leptons in the event.
Since some of the fakeable leptons can be prompt, the contribution to the AR from prompt
leptons is estimated by simulation and subtracted from the data events in the AR before
applying the weights.

The fake rates are measured from simulation using QCD multijet samples. Events are
required to have exactly one lepton, whether tight or fakeable, and at least one jet within
ΔR < 0.7 from the lepton. The fake rates are calculated, separately for electrons and
muons in the different years of data-taking, as the ratio of the number of events with a
tight lepton to the total number of events, in bins of pcone

T and |η|. The quantity pcone
T is

defined as:

pcone
T =


plepton

T , if lepton is tight,

0.7 · pclosesest jet
T , if lepton is fakeable and a jet exists within ΔR < 0.4,

0.7 · plepton
T · (1 + I), if lepton is fakeable and no jet exists within ΔR < 0.4,

(5.16)
with I being the isolation of the lepton in a cone of radius R = 0.4. The use of the
pcone

T variable is motivated by the fact that often nonprompt leptons are produced in the
hadronization of a parton. Using the pT of the closest jet instead of the lepton pT improves
the calculation of the fake rates by making them more stable across the possible nonprompt
lepton sources. The 0.7 pre-factor in the definition of the pcone

T is chosen so to ensure the
pcone

T is continuous as a function of the TOP LeptonMVA output.

5.3 Signal and control regions

The tWZ process is a rare process with a cross section quite smaller than the tt̄Z process,
with which it shares an extremely similar final state. As a way to retain as many signal
events as possible while maximizing the statistical power, the analysis makes use of several
signal regions (SR) and control regions (CR), all of which are orthogonal to each other and
fitted simultaneously in order to extract the signal strength µtWZ .

5.3.1 SR3ℓ,3j

The main SR of the analysis is the SR3ℓ,3j , which is designed to include all the events
in which the tWZ process produces a final state with three leptons. The three jets, of
which one is b-tagged, account for the hadronic decay products of either the top quark
or the W boson, and the b jet coming from the top quark decay. Figure 5.5 shows an
illustrative event display for an event in the SR3ℓ,3j . The two green lines represent the two
electrons compatible with a Z boson; the red line represents the muon coming from the
decay of either the W boson or the top quark, the other branch of the same decay being
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Figure 5.5: Event display for an event in the SR3ℓ,3j .

the neutrino, which is reconstructed starting from the MET, represented by the purple
arrow. Finally, the three cones represent the three jets, of which the orange one is the
b-tagged jet.

The SR3ℓ,3j is defined by requiring:

• exactly three leptons with pT > 25, 20, 20 GeV;

• at least one pair of leptons compatible with a Z boson:

– the two leptons have opposite charge and same flavor (OSSF);

– the invariant mass mℓℓ of the pair respects |mℓℓ −mZ | < 15 GeV;

– if two pairs respect the aforementioned criteria, the pair with the invariant mass
closest to mZ is selected;

• at least three selected AK4 jets;

• at least one AK4 jet is b-tagged.

• the event are not selected in the SRBoosted, defined in Section 5.3.1.
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In this region, a fully connected feed-forward DNN multiclass classifier (multiclassifier)
is used to discriminate between the signal and the background processes. It provides
three outputs which represent the probability for the analyzed event to belong to the tWZ
process, the tt̄Z process, or any other background process. The event shown in Figure 5.5
has been chosen for display in virtue of its high probability to be a tWZ event, as predicted
by the multiclassifier.

The multiclass classifier, together with all the other DNNs designed for this analysis, is
realized using Keras [132] interfaced with TensorFlow [133].

The variables used as input to this DNN are listed in Table 5.3.

Variable Description
pT,2ℓ pT of the sub-leading lepton
pT,3ℓ pT of the trailing lepton
η3ℓ η of the trailing lepton

maxΔRℓℓ Maximum ΔR separation among lepton pair combinations
maxΔRjj Maximum ΔR separation among jet pair combinations

njet Jet multiplicity
nbjet b jet multiplicity
maxηj Maximum η among the jets (useful for the recoiling jet in tZq process)

maxmjj Maximum invariant mass among jet pair combinations
msys Invariant mass of the system composed of leptons, jets, and MET
pT

max
ℓj Maximum pT among any combination of a lepton and a jet
η2j η of the sub-leading jet
η3j η of the trailing jet
mt Invariant mass of the reconstructed top quark

mhad W Invariant mass of the reconstructed W boson decaying into hadrons
pT,t pT of the reconstructed top quark

pT,lep W pT of the reconstructed W boson decaying into leptons
pT,had W pT of the reconstructed W boson decaying into hadrons
ηhad W η of the reconstructed W boson decaying into hadrons
ηlep W η of the reconstructed W boson decaying into leptons
ϕhad W ϕ of the reconstructed W boson decaying into hadrons
ϕlep W ϕ of the reconstructed W boson decaying into leptons

Table 5.3: List of the variables used as input features to the multiclass classifier in the
SR3ℓ,3j , and their descriptions.

Figure 5.6 shows the distribution of the pT
max
ℓj (left) and msys (right) input variables in the

SR3ℓ,3j .
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Figure 5.6: Pre-fit distribution of the pT
max
ℓj (left) and msys (right) observables in the SR3ℓ,3j .

The lower insets show the ratio between data and simulation, underlining an
overall good agreement between the two within uncertainties.

The multiclassifier DNN is composed of two hidden layers of 100 and 64 neurons, respectively,
both using a SELU activation function. The output layer is composed of three neurons, each
representing the probability for the event to belong to the tWZ , tt̄Z, or other background
processes, using a softmax activation function. This activation function, described in
Section 3.2.2 in the context of the transformer model, is the generalization of the sigmoid
function to multiple dimensions, and its outputs are constructed as to sum up to one,
therefore representing the probability that the considered data point belongs to each of the
classes. The layers are interposed with batch normalization layers and droupout layers.
The formers transform their inputs so that they become distributed according to a normal
distribution with µ = 0, and σ = 1 [134]. The dropout layers randomly set 10% of the
input units to zero at each update during training, in order to prevent overtraining [135],
i.e., fine-tuning the weights of the DNN on the training sample in such a way that it is
unable to generalize the learned classification to unseen data

1.5 million simulated events are used for the training and validation of the multiclassifier,
composed of 44% tWZ events, 36% tt̄Z events, and 20% other backgrounds. Two equivalent
versions of the multiclassifier are trained, each one using one half of this sample, which is
furthermore divided into a training sample (80%) and a validation sample (20%).

In the analysis workflow, each multiclassifier acts solely on the half of simulated events that
it has not been trained on, so as to avoid any bias. Regarding data, each event is assigned
the output of either one of the two multiclassifiers, chosen randomly with equal probability.

As discussed in Section 5.2.5, the identification of two b jets is a strong indicator that the
considered event could belong to the tt̄Z process. Therefore, the SR3ℓ,3j is further divided
into two regions: the SR3ℓ,3j,1b, where the events have exactly one b-tagged jet, and the
SR3ℓ,3j,2b, where the events have at least two b-tagged jets. The SR3ℓ,3j,1b is purer in tWZ
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Figure 5.7: Pre-fit distribution of the tWZ output of the multiclass classifier in the SR3ℓ,3j,1b
(left) and tt̄Z output in the SR3ℓ,3j,2b (right). The lower insets show the ratio
between data and simulation. The low yield of tWZ events in the SR3ℓ,3j,2b
makes the region analogous to a control region for the tt̄Z process, thus making
it useful to use the tt̄Z output of the multiclassifier as a template in the fit.

events, while the SR3ℓ,3j,2b has a very large contribution from the tt̄Z process and is useful
to constrain the tt̄Z background in the fit. Figure 5.7 shows the pre-fit distribution of the
tWZ (tt̄Z) output of the multiclass classifier in the SR3ℓ,3j,1b (SR3ℓ,3j,2b), on the left (right)
side. These are the stacks of signal and background histograms which are fitted to data
points in these regions.

SRBoosted

In addition to the division in SR3ℓ,3j,1b and SR3ℓ,3j,2b, the SR3ℓ,3j further includes a
SRBoosted, which is defined with the intention of selecting events in which the top quark is
produced with high energy. Both decays into jets and leptons are considered, with different
requirements.

As mentioned in Section 5.1 interest in the definition of this region is led by the fact that
the high-energy spectrum of the tWZ process might be more sensitive to the presence of
new physics, compared to lower energies.

Events selected in the SR3ℓ,3j are first checked against the presence of a boosted top quark
decaying hadronically, reconstructed as an AK8 jet with the following requirements:

• pT > 300 GeV;

• 105 < mSD < 210 GeV, where mSD is the soft drop mass of the jet with β = 0 and
zcut = 0.1 [136];

• a b-tagged jet is present within ΔR < 0.8 from the AK8 jet.

The mSD selection is motivated by the property of the soft drop mass to act as a tagger
for the top quark when its value is compatible with the mass of the top quark.
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Events in which a boosted top quark decaying hadronically is not found are then considered
for the presence of a boosted top quark decaying leptonically, identified starting from the
lepton which is not compatible with the Z boson. A boosted leptonic top quark is found if:

• the lepton has pT > 30 GeV;

• the lepton is within ΔR < 2 from a b-tagged jet;

• the b-tagged jet has pT > 200 GeV;

• the lepton-jet pair is classified as signal from a purpose-designed DNN, described in
Section 5.4.

The selection on DeltaR is justified by the fact that the decay product of a boosted top
quark tend to be collimated; ΔR > 2 indicates that either the leptons and b quark do not
originate from a boosted top quark, or they are not the decay product of the same particle.
The selection threshold for the pT of the b quark acts as a proxy for the pT of the top
quark from which it originates. The event yield is used as the input to the fit to data for
the SRBoosted, in view of the low number of selected events: five signal and 81 background
events.

5.3.2 SR3ℓ,2j

In some events, one of the jets produced in the final state of the tWZ process can fall
outside the acceptance of the detector and, therefore, not be reconstructed. With the
intention of retaining as many signal events as possible, the SR3ℓ,2j is defined to select
events that only feature two jets. The requirements for the SR3ℓ,2j are:

• same selection criteria for the leptons as in the SR3ℓ,3j ;

• exactly two selected AK4 jets;

• at least one AK4 jet is b-tagged.

The peculiarity of this region is that the tt̄Z process is expected to have a very low yield
because of the strict requirement of two jets, two less than expected from tt̄Z events in the
three-lepton final state. In fact, in this region, events with nonprompt leptons, the WZ +
(b) jets process, and the tZq process are all expected to have comparable yields, greater
than the tt̄Z process.

In order to discriminate the contribution of the signal process to this region, a fully
connected feed-forward DNN binary classifier is used to discriminate between the tWZ
process and all the other backgrounds. The total sample used for the training and validation
of this classifier is composed of 950 thousand simulated events, with 40% of tWZ and
60% of background events. The decision to use a binary classifier in place of a multiclass
algorithm resides in the multitude of relevant background processes. Not enough events are
available separately for each class in order to train two multiclassifiers effectively, according
to the same training scheme described in Section 5.3.1.

The input features to the binary classifier are listed in Table 5.4.
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Variable Description
pT,1ℓ pT of the leading lepton
pT,2ℓ pT of the sub-leading lepton
pT,3ℓ pT of the trailing lepton
η3ℓ η of the trailing lepton

nbjet b jet multiplicity
maxmjj Maximum invariant mass among jet pair combinations
maxpT,jj Maximum transverse momentum among sum of two jets
maxηj Maximum η among the jets (useful for the recoiling jet in tZq process)
pT,1j pT of the leading jet
pT,2j pT of the sub-leading jet
η1j η of the leading jet
η2j η of the sub-leading jet
msys Invariant mass of the system composed of leptons, jets, and MET
pT,sys Transverse momentum of the system composed of leptons, jets, and MET
pT

max
ℓj Maximum pT among any combination of a lepton and a jet

Table 5.4: List of the variables used as input features to the binary classifier in the SR3ℓ,2j ,
and their descriptions.

Figure 5.8 shows the distribution of the transverse momentum of the leading lepton (left)
and jet (right), which are two of the input variables to the binary classifier in the SR3ℓ,2j .

Figure 5.8: Pre-fit distribution of the transverse momentum of the leading lepton (left)
and jet (right) in the SR3ℓ,2j . The lower insets show the ratio between data
and simulation, underlining an overall good agreement between the two within
uncertainties.
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The DNN is composed of two hidden layers of 75 and 25 neurons, respectively, both using
a SELU activation function. The two layers are interposed with batch normalization layers
and dropout layers with a 10% dropout rate. The output layer is made up of a single
neuron, which outputs the probability that the event belongs to the tWZ process after
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Figure 5.9: Pre-fit distribution of the output of the DNN in the SR3ℓ,2j . The lower inset
shows the ratio between data and simulation.

the application of a sigmoid activation function. The training and validation samples are
divided in the same way as for the multiclassifier in the SR3ℓ,3j , with the same training
scheme.

The pre-fit output of the DNN in the SR3ℓ,2j is shown in Figure 5.9. This simulated
distribution is fitted to data points in the maximum likelihood fit.

5.3.3 SR4ℓ

The last signal region of the analysis is the SR4ℓ, whose aim is the selection of events in
which the tWZ process produces a final state with four leptons. The total event yields in
this region are expected to be very low, as the branching ratio for the four-lepton decay is
one fourth of the three-lepton decay, for both the tWZ and tt̄Z processes. An important
background to this region is the ZZ process, where both Z bosons decay into leptons.

The selection criteria for the SR4ℓ are:

• exactly four leptons, with pT > 25, 20, 20, 10 GeV;

• one pair of leptons compatible with a Z boson, according to the same criteria as in
the SR3ℓ,3j ;

• the remaining pair is not compatible with a Z boson;

• at least one b-tagged jet.

The multiplicity distribution of b-tagged jets is chosen to be fitted to data in this region, as
it provides a good degree of separation between the tWZ and tt̄Z process in this low-yield
region. The pre-fit distribution of the b-tagged jet multiplicity in the SR4ℓ is shown in
Figure 5.10.
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Figure 5.10: Pre-fit distribution of the b-tagged jet multiplicity in the SR4ℓ. The lower
inset shows the ratio between data and simulation.

5.3.4 Control regions

Two control regions, CRW Z and CRZZ , are defined in the analysis and fitted simultaneously
with the signal regions, in order to provide constraints on the normalization of the associated
production of WZ and light jets, and of the ZZ process.

The CRW Z is defined by requiring:

• exactly three leptons, with pT > 25, 20, 20 GeV;

• at least one pair of leptons compatible with a Z boson;

• the pmiss
T is greater than 50 GeV;

• no b-tagged jet is present.

In these criteria, the veto on b jets is introduced in order to reduce the contribution from
the tWZ and, most importantly, the tt̄Z processes. This causes the CRW Z not to provide
a constraint on the associate production of WZ and b jets. Nevertheless, this is a minor
background, as discussed in Section 5.2.5.

The CRZZ is defined by requiring:

• exactly four leptons, with pT > 25, 20, 20, 10 GeV;

• two pairs of leptons compatible with originating from Z bosons.

Both control regions enter the maximum likelihood fit through their event yields.

The expected yield in all the signal (control) regions, for all the processes, together with
the observed number of events in data is shown in Table 5.5 (Table 5.6).

5.4 DNN for boosted leptonic top tagging
A boosted leptonic top-tagger has been designed as a fully connected feed-forward DNN to
recognize high-pT (boosted) top quarks to define the leptonic boosted region.
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Table 5.5: Expected yields for all simulated processes and observed number of data events
in the signal regions. The uncertainties are related to the limited size of the
simulated samples, except for the nonprompt-lepton contribution, which is
extracted from data and assigned a 30% uncertainty.

SR3ℓ,3j SR3ℓ,2j SR4ℓ SRBoosted

tWZ 77.47 ± 0.12 28.19 ± 0.07 15.98 ± 0.06 5.44 ± 0.02
tt̄Z 657.9 ± 1.6 122.76 ± 0.61 113.86 ± 0.64 59.03 ± 0.50
Nonprompt leptons 139 ± 42 170 ± 51 1.02 ± 0.31 1.94 ± 0.58
tZq 86.45 ± 0.78 108.69 ± 0.71 0.29 ± 0.04 4.37 ± 0.17
ZZ 22.7 ± 2.4 60.6 ± 4.1 20.0 ± 2.3 0.30 ± 0.29
WZ 166.4 ± 3.3 227.8 ± 4.0 0.59 ± 0.19 6.84 ± 0.66
V V (V ) 15.51 ± 0.11 10.55 ± 0.09 1.35 ± 0.03 0.64 ± 0.02
t(t)X 108.30 ± 0.99 49.4 ± 1.2 17.32 ± 0.34 6.26 ± 0.19
Xγ 54.1 ± 2.6 78.3 ± 3.7 6.92 ± 0.95 1.08 ± 0.31
Total backgrounds 1249 ± 42 822 ± 51 159.9 ± 2.6 80.8 ± 1.1
Data 1463 849 180 77

The input to the neural network is a top quark candidate, consisting of the pair of a
b-tagged jet and a charged lepton within an angular distance ΔR =

√
Δϕ2 + Δη2 < 2

from each other. Furthermore, so as to consider boosted top quarks, the b jet is required
to have pT > 200 GeV, while the lepton needs to have pT > 30 GeV. The output of the
network is a value between 0 and 1, which represents the likelihood that the top quark
candidate represents a genuine boosted top quark.

The 14 input features to the DNN are:

• pT, η, and ϕ of the b jet;

• pT, η, ϕ, and invariant mass of the top quark candidate;

• DeepFlavour b-tagging score of the b jet;

• mini-isolation Imini;

• pT,rel = |p⃗ℓ × p⃗b|/|p⃗b|;

• pT and η of the b jet in the top quark candidate rest frame;

• pT and η of the lepton in the top quark candidate rest frame,

with the top quark candidate consisting of the sum of the four-momenta of the b jet (p⃗b)
and the lepton (p⃗ℓ).

The DNN consists of:

• Batch normalization layer: normalizes the input of the DNN to be distributed
according to a normal distribution centered in zero and with unitary standard
deviation;

• Two dense layers: two hidden layers of 15 fully connected neurons with SiLU as
activation function;
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Table 5.6: Expected yields for all simulated processes and observed number of data events
in the control regions. The uncertainties are related to the limited size of
the simulated samples, except for the nonprompt-lepton contribution, which is
extracted from data and assigned a 30% uncertainty.

CRW Z CRZZ

tWZ 31.96 ± 0.08 2.39 ± 0.02
tt̄Z 112.41 ± 0.73 14.44 ± 0.23
Nonprompt leptons 1450 ± 430 23.0 ± 7.0
tZq 74.84 ± 0.67 0.05 ± 0.01
ZZ 597 ± 12 2202 ± 22
WZ 10610 ± 25 0.68 ± 0.16
V V (V ) 166 ± 14 16.52 ± 0.07
t(t)X 39.4 ± 1.8 1.08 ± 0.07
Xγ 519 ± 11 2.53 ± 0.60
Total backgrounds 13520 ± 430 2028 ± 23
Data 12743 2352

• Gaussian Dropout layer [137]: multiplies every input by a random noise value
drawn from a normal distribution with µ = 1 and σ = 0.3;

• Two dense layers: two more hidden layers, also with 15 fully connected neurons
and SiLU as activation function;

• Output layer: provides the network output after the application of a sigmoid
activation function.

The hyperparameters of the DNN, e.g., the number of layers and neurons, and the standard
deviation for the Gaussian Dropout layer have been chosen by performing a hyperparameter
grid search, i.e., several possible combinations of hyperparameter values have been tested,
and the one yielding the best validation loss, defined below, are chosen.

Two different DNNs with the same architecture have been trained: one for which the
lepton considered is an electron, and the second one for muons. The training sample for
the electron (muon) DNN consists of 1.846 (2.115) M top quark candidates, selected from
simulated events of tt̄ production in CMS in the ℓ + jets decay channel. In both cases, half
of the training sample consists of genuine top quark candidates (signal), while the other
half is made of background top quark candidates. These include the cases in which the b
jet does not arise from the primary interaction vertex, or the b jet and the lepton do not
originate from the decay of the same top quark.

The training has been performed using the Adam gradient descent algorithm to minimize
a binary cross-entropy loss function. In order to avoid overtraining the DNNs, the trend of
the loss function during training has also been observed when calculated on a statistically
independent validation sample (validation loss), consisting of 273 thousand top quark
candidates for the electron DNN and 330 thousand top quark candidates for the muon
DNN.

82



The training is stopped when the validation loss has not decreased for 30 epochs, and the
selected trained model is the one at the epoch with the lowest validation loss.

Figure 5.11 shows the trend of the training and validation losses for the electron and muon
DNNs.
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Figure 5.11: Plot of the training and validation losses against epoch of training for electron
(upper) and muon (lower) leptonic top-tagger. The training is interrupted
after the validation loss has not decreased for 30 epochs, and the selected
weights are the ones corresponding to the lowest validation loss.

The output distributions of the DNNs are shown in Figure 5.12. Both cases show the
background accumulating towards 0 and the signal towards 1 and a clear distinction
between the two distributions. Furthermore, the plot compares the distribution of the
outputs for the training and the validation samples, which are sampled from the same
distribution. This hypothesis has been tested through Kolmogorov-Smirnov (KS) [138] tests
between the distributions. Both the signal and background distributions for muons and
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electrons returned a p-value greater than 5% for the compatibility of training and validation
distributions. This suggests that the algorithm is able to generalize the classification
capabilities to data that have not been used for training it.
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Figure 5.12: Output of the top-tagger for electrons (upper) and muons (lower). In both
cases, the background and the signal are clearly discriminated, and the outputs
of the validation and training samples follow the same distribution, i.e., the
p-value of the KS test between the two is greater than 5%.

In order to quantify how well the classification task is carried out, it is common to use a
Receiver Operating characteristic (ROC) curve [139], which shows how the true positive
rate (TPR) changes as a function of the false positive rate (FPR). Considering a top quark
candidate selected when the output of the classifier is greater than a certain threshold,
or working point, the TPR (FPR) is the ratio of the selected signal (background) top
quark candidates out of the total signal (background) candidates. Both TPR and FPR are
calculated using the validation sample.
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The ROC curves for the electron and muon top-taggers are displayed in Figure 5.13, where
they are also compared with the curve that would be obtained by an algorithm that selects
top quark candidates randomly. The area under the ROC curve (auc) is often used to
summarize the classification power of an ML algorithm, with values that range from 0.5
for a random choice to 1 for a perfect classifier. The results of almost 0.9 obtained for the
boosted leptonic top-taggers show excellent discriminating power for both leptons.
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Figure 5.13: ROC curves for the electron (upper) and muon (lower) top-taggers. The
diagonal dashed curve represents the ROC curve for an algorithm randomly
selecting data. The area under the ROC curve is close to 90% for both
classifiers, showing excellent discriminating power.

The following necessary step before being able to use the DNN for the classification task is
the choice of a working point (WP), which has been performed by maximizing the product
of the TPR and the precision. Precision is defined as the fraction of the selected top quark
candidates that are signal, determined from simulation data.
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The distribution of this metric with respect to the selection threshold is shown in Figure 5.14.
The chosen WP, which maximizes the metric in both cases, is 0.4.
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Figure 5.14: Distribution of the product of TPR and precision with respect to the selection
threshold for the electron (upper) and muon (lower) DNNs. The threshold
that maximizes the metric is 0.4 in both cases, and it is chosen as WP for the
classifiers.

5.4.1 Validation of the taggers

Before using the classifiers in the workflow of the search for the tWZ process, the perfor-
mance of the algorithms needs to be evaluated on real data insensitive to tWZ in order to
verify possible discrepancies between the behavior of the simulation used for training and
the observed data.

A validation region has been defined by targeting the selection of a phase space rich in
events of production of tt̄, in the decay channel with two charged leptons. The selection
criteria for the validation region are:
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• exactly two muons, or two electrons, with opposite charge and pT > 25 GeV;

• invariant mass of the leptons mℓℓ outside a 15 GeV window around the Z boson mass:
|mℓℓ −mZ | > 15 GeV;

• at least 2 hadronic jets with pT > 30 GeV;

• exactly 1 boosted top quark candidate.

Figure 5.15 shows how, in the validation region, the output of the DNN compares for data
and simulation for electrons and muons; the simulation reproduces the data particularly
well, especially for the muon DNN. The same does not hold for the electron DNN, which
presents disagreements between data and simulation that reach more than 20% in the
lowest two bins.
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Figure 5.15: Output of the boosted leptonic top-tagger for electrons (left) and muons (right)
in a region enriched in dileptonic tt̄ events. The lower insets of both plots
show the ratio between the observed data and the total MC.

The shape of the output is not directly used in the analysis but only the binary classification
between signal and background. Therefore, the disagreement between data and simulation
in the electron DNN does not translate to high disagreement in the selection efficiency at
the selected WP of 0.4. This is shown in Figure 5.16, which displays the selection efficiency
as a function of the selection threshold for electrons and muons. The selection efficiency at
the WP is fully consistent between data and MC for the muon DNN, and for electrons, the
disagreement is almost negligible, as it is less than 2%.
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Figure 5.16: Selection efficiency of the boosted leptonic top-tagger for electrons (left) and
muons (right) as a function of the selection threshold in a region enriched in
dileptonic tt̄ events. The lower insets show the ratio between the efficiency in
data and MC. At the chosen WP of 0.4, the behavior of data and MC is very
consistent for muons, and for electrons, the disagreement is less than 2%.

The benefits arising from this validation region does not end at the selection efficiency, as
the tt̄ process also allows the validation of the modeling of the input features of the DNNs.
Figure 5.17 shows the comparison between data and MC for the pT,rel variable. Both the
electron and muon distributions show that the simulation is able to model the observed
data in a fairly consistent manner. The distributions for all the variables are shown in
Appendix B.
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Figure 5.17: Distribution of the pT,rel variable for electrons (left) and muons (right) in the
validation region. The lower insets show the bin-by-bin ratio between data
and MC. For both lepton flavors, the simulation is able to model the data
faithfully.
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5.5 Corrections and systematic uncertainties

Several corrections are applied to the events and physics objects in the analysis, in order
to account for both experimental and theoretical effects, leading to known discrepancies
between simulation and data. In the maximum likelihood fit, systematic uncertainties
are mapped to nuisance parameters. Correlated systematic effects result in only one
nuisance parameter in the likelihood function, while uncorrelated systematic uncertainties
are treated as separate nuisance parameters. The definition of the likelihood function and
the fit methodology are described in Section 3.1.

5.5.1 Experimental corrections

Pileup

Event scale factors are applied to correct the distribution of pileup interactions in the simu-
lation to match the one observed in data. This number is obtained from the instantaneous
luminosity collected by the CMS detector Li and the total proton-proton inelastic cross
section σinel at

√
s = 13 TeV according to:

µ = Liσinel
f

, (5.17)

where f is the LHC revolution frequency of 11246 Hz. The value used for σinel is 69.2±3.2 mb,
and its 4.6% uncertainty is propagated to the event scale factors, and it is treated as a
systematic uncertainty correlated across all the years of data taking.

Luminosity

The uncertainty in the integrated luminosity collected by the CMS experiment is translated
into a normalization uncertainty in total event yield in each year of data taking. The value
of the uncertainties range between 1.2% and 2.5% and are divided into correlated and
uncorrelated components, depending on the different uncertainty sources [93, 140, 141].

Trigger efficiency

As mentioned in Section 5.2.2, the trigger efficiency is measured in data to be compatible
with unity. Therefore, no scale factor is applied to the simulated events, but a 2%
normalization uncertainty is assigned to the event yields in order to account for the limited
size of the data sample used for the efficiency measurement. Since the trigger paths used
in the analysis are different in the four periods of data taking, the uncertainty is treated as
uncorrelated across the years.

Lepton identification

The lepton selection efficiency is not consistent between data and simulation. Scale factors
are applied to the simulated events to correct for this discrepancy. The efficiencies have
been measured in data and simulation using the tag-and-probe method [142] in a phase
space targeting the selection of Drell-Yan events decaying into two leptons [117]. The
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lepton scale factors are obtained as the ratio of the efficiencies in data and simulation in
bins of pT and absolute value of the pseudorapidity (pseudorapidity of the supercluster)
for muons (electrons). Two sources of uncertainties are considered for the scale factors:
the statistical uncertainty arising from the limited size of the data and simulation samples
used for the efficiency measurement, and the uncertainty in the modeling of the processes
considered.

In this analysis, the simulated events are assigned a weight equal to the product of the
scale factors of all the selected leptons. The uncertainties of the scale factors are obtained
by varying them within one standard deviation of their uncertainties. The statistical
uncertainties are treated as uncorrelated across the years, while the uncertainties in the
modeling are treated as correlated.

Jet energy scale and resolution corrections

As mentioned in Section 5.2.3, the jets in the simulation are corrected to match the energy
scale and resolution of the jets in data. The relative uncertainties in the corrections are
propagated to the jets, and the uncertainty histograms for the maximum likelihood fit are
obtained by recomputing the templates with the modified objects. When applying the jet
energy scale uncertainties, the MET is also recomputed according to the new values of the
energy of the jets.

Missing transverse energy

The MET depends on both the energy scale of all jets and the energy of unclustered
objects. While the jet energy scale uncertainties are already considered in the analysis, one
additional systematic uncertainty is considered by varying the energy of the unclustered
objects by their resolution, and recalculating the MET accordingly.

B tagging efficiency

As for the leptons, the b tagging efficiency is not consistent between data and simulation.
Scale factors have been calculated in bins of pT, η, and flavor of the jets (b jet, c jet or
light jet) as the ratio of the efficiencies in data and simulation in a region enriched in QCD
multi-jet event [143, 144]. A weight is applied on an event-by-event basis to the simulated
events:

w =
∏

i=tagged jets
SFi

∏
j=not tagged jets

1 − SFjϵj
1 − ϵj

, (5.18)

where the product is over all the jets in the event, and ϵ is the efficiency of the b tagging
algorithm in the phase space used in the analysis, also binned in pT, η, and flavor of the
jets. The uncertainties in the scale factors are considered according to their individual
sources and the templates for them, to be used in the maximum likelihood fit, are obtained
by reanalyizing the events after applying the weight modified by their uncertainties.
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Level-1 trigger prefiring

In 2016 and 2017, the Level-1 ECAL trigger system of the CMS detector had an issue that
caused some trigger decisions to be applied to the previous bunch crossing [145]. The CMS
trigger does not allow two consecutive bunch crossings to fire the same trigger, therefore
the events affected by the issue are not recorded. This effect, which is not present in
simulation, is corrected by applying a scale factor to the simulated event

w = 1 − p(η, pT), (5.19)

where p is the probability of the event to be affected by the prefiring issue; η and pT are
the pseudorapidity and the transverse momentum of the object that fires the trigger. A
similar effect is also present in the L1 muon trigger system, for all the years of data taking,
due to the time resolution of the system. The uncertainties in the scale factors are obtained
by varying the probability of the event to be affected by the prefiring issue by 20% and are
correlated across the years.

HEM15/16 issue

During the 2018 data taking, the CMS detector experienced a failure of the Hadronic
Calorimeter in the region with −3 < η < −1.3 and −1.57 < ϕ < −0.87. This affected the
reconstruction of jets and the measurement of the MET. This effect is not present in the
simulation, and it is accounted for by the implementation of an η-dependent systematic
uncertainty of between 20 and 35% for the pT of the jets in the affected region.

5.5.2 Theoretical corrections

Normalization uncertainties

Uncertainties in the cross sections of the simulated processes are considered as normalization
uncertainties in the templates used in the maximum likelihood fit. A 15% uncertainty is
assigned to the tt̄Z process, in order to account for the discrepancy between the measured
cross section and the theoretical prediction [146, 147]. Similarly, a 10% uncertainty is
assigned to processes with a photon in the final state [148].

Other uncertainties are assigned in order to reflect the experimental precision in the
measurement of the inclusive cross sections: 11% is assigned to the tZq process [116], 10%
to the di- and tri-boson processes [149–151]. The WZ production in association with b
jets is assigned an uncertainty of 20%, coherently with what was observed in Ref. [116].

Finally, the nonprompt lepton background is assigned a conservative 30% bin-by-bin
uncertainty, in order to account for the different origins of the nonprompt leptons in the
regions used for the measurement of the fake rates and for the analysis.

PDF uncertainties

As discussed in Chapter 1, the PDF set used for the simulation of the samples is the
NNPDF3.1. The set provides 103 alternative distributions, obtained with the hessian

91



method [152]. The uncertainty in the PDF set is translated to the maximum likelihood fit
by recomputing the templates for the signal and background processes with the alternative
PDF sets. The envelopes of the up- and down-variation, normalized to the same yield as
the nominal distribution, are used as templates for the systematic uncertainty.

Separately, the effect of the uncertainty in the value of the strong coupling constant αS is
considered by obtaining alternative distributions by varying the value of αS by factors of
1/2 and 2, and normalizing the resulting distributions to the same yield as the nominal
one.

Parton shower modeling

In order to account for the uncertainty in the parton showering in simulation, alternative
distributions are obtained by varying the value of αS used in the simulation by factors of
1/2 and 2, and normalizing the resulting distributions to the same yield as the nominal
one. This is done separately for initial state and final state radiation. In view of the
different production mechanisms of EWK-induced (as tWZ and tZq) and QCD-induced
(tt̄Z) processes, the uncertainties are treated as uncorrelated across the two, for the ISR
uncertainty. The FSR uncertainty is treated as correlated across all processes.

Factorization and renormalization scales

Finally, uncertainties in the QCD factorization and renormalization scales, µF and µR,
are considered by varying them by a factor of 2 and 1/2, separately, and recomputing the
templates for the signal and background processes. Similarly to is what done for αS for the
ISR PS modeling, the variations are considered uncorrelated between the EWK-induced
and QCD-induced processes.

Signal modeling

As mentioned in Section 5.2.1, the signal is modeled using the DR1 prediction. The shape
difference between the DR1 and DR2 templates is considered as a systematic uncertainty
in the signal modeling in the maximum likelihood fit. Since only one alternative is
considered, the difference between DR1 and DR2 is the regarded as variation by one
standard deviation in the positive direction for the associated nuisance parameter, while
the nominal distribution also acts as variation by one standard deviation in the negative
direction.

5.6 Results

The result of the maximum likelihood fit provides a value for the signal strength of the
tWZ process

µtWZ = 2.6 ± 0.4 (stat) ± 0.7 (syst), (5.20)

with an observed statistical significance over the background-only hypothesis of 3.5 standard
deviations. This is the first search for the tWZ process and provides the first evidence
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of its existence. Furthermore, the result is consistent with the SM prediction within 2
standard deviations.

The observed significance is larger than the one expected through a fit of the simulation
to pseudo-data, obtained as the sum of all the simulated processes, which is 1.4 standard
deviations. This result is due to the high value measured for the signal strength of the
process.

Figure 5.18 shows the post-fit distribution of the templates used in the maximum likelihood
fit, for the SR3ℓ,3j,1b (upper left), SR3ℓ,3j,2b (upper right), SR3ℓ,2j (lower left), and SR4ℓ

(lower right).

It is interesting to consider the impact of the systematic uncertainties on the signal strength.
The impact of the j-th nuisance on the parameter of interest is defined as |µ̂− µ̂(θj ± Δθj)|,
where µ̂(νj + σj) is the value of µ that maximizes the likelihood when the j-th nuisance
is varied by its uncertainty. The uncertainties in the signal strength, and of the nuisance
parameters, are obtained through the procedure described in Section 3.1.1.

Figure 5.19 shows the ten largest impacts of the nuisance parameters.

The most impactful systematic uncertainty is the one related to the normalization of the
tt̄Z process, which has an impact of the order of 0.5 on the signal strength. This explains
how the systematic uncertainty is the dominant component of the total uncertainty in
the signal strength, despite the rather low production cross section of the tWZ process.
Due to the extreme similarities between the tt̄Z and tWZ processes, even after using ML
discriminants, small differences in the normalization of former process have a large impact
on the latter. Furthermore, the deviation of ∼ 0.5 Δθtt̄Z , with Δθtt̄Z being the pre-fit
uncertainty, shows how, inherently, a measurement of the tWZ process also results in a
measurement of the tt̄Z process, once again because of the processes are tightly related to
each other.

In order to further investigate the correlation between the measurement of the tWZ and
tt̄Z processes, and to avoid the bias introduced by the treatment of the normalization of
the tt̄Z process as a systematic uncertainty with a prior, a second fit is performed. This
time, both the signal strength of the tWZ process µtWZ and of the tt̄Z process µtt̄Z are
used as parameters of interest.

The likelihood scan is performed in the two-dimensional space of the two signal strengths,
and the result is shown in Figure 5.20. The signal strengths µtWZ and µtt̄Z are found to be
strongly anti-correlated as expected, with a correlation coefficient ρtWZ ,tt̄γ = −0.63, and
the significance of the tWZ process is found to be greater than 3 standard deviations in
this fit as well.

A previous measurement of the cross section of the tt̄Z process in CMS [146] found a value
for the signal strength of the tt̄Z process of µtt̄Z = 1.13 ± 0.10. The main difference with
Ref [146] is that, in the search for the tWZ process, data samples simulated at NLO in
QCD are used for the description of the tWZ process.

As mentioned before, this result represents the first evidence for the tWZ process.
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Figure 5.18: Post-fit distribution of the discriminating variables used in the maximum
likelihood fit for the SR3ℓ,3j,1b (upper left), SR3ℓ,3j,2b (upper right), SR3ℓ,2j
(lower left), and SR4ℓ (lower right). The lower insets show the ratio between
the observed data and the simulation, which display good agreement between
the two, and reduced uncertainties, when compared to the pre-fit distributions
(Figures 5.7, 5.9, and 5.10).
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6 Search for the tW γ process

This chapter describes the first search, and the first evidence, for the SM production of the
tWγ process. An introduction to the analysis and its motivations is given in Section 6.1.
Section 6.2 provides a full overview of the workflow of this search, outlining the simulation
of the signal and background samples, the trigger selection, and the reconstruction and
identification of the physics objects. Section 6.3 describes the definition of the signal and
control regions in which the analysis is performed. In the signal regions, a GNN-based
binary classifier is used to discriminate between the signal and the tt̄γ background; the
design, training, performance, and validation of this classifier are described in Section 6.4.
Section 6.5 details the systematic uncertainties that are considered in the maximum
likelihood fit used to extract the signal strength of the tWγ process. Finally, the results of
the search are presented in Section 6.6.

6.1 Introduction
The associated production of a top quark with a W boson and a photon is a rare single top
production process, similar to the tW and tWZ processes. As mentioned in Section 2.3,
the photon can be radiated from any internal or external lines of the tW process (hard
process) (HP), or from the decay products of the top quark or the W boson (decay).
Figure 6.1 shows illustrative Feynman diagrams for the tWγ process in the final state with
two charged leptons and a photon coming from the hard process (left) or the decay (right).

As for the case of the tWZ process, the tWγ process also has been found to be sensitive to the
presence of physics beyond the Standard Model in the context of the EFT framework [113].

The main obstacle to an experimental search for the tWγ process is the discrimination of
the signal from the tt̄γ background, which has a significantly higher cross section and a
very similar final state topology. The major difference between the two is the presence of
an extra b jet in the final state of the tt̄γ process, arising from the decay of the second top
quark in the event. For most events, this jet is not reconstructed and/or identified, and
the two processes overlap significantly in phase space.
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Figure 6.1: Illustrative Feynman diagrams for the tWγ process in the final state with two
charged leptons and a photon coming from the hard process (left) and decay
(right).

The CMS collaboration has published an inclusive and differential measurement of the tt̄γ
process [148], in which the cross section was found to be 175.2 ± 2.5 (stat) ± 6.3 (syst) fb
in the fiducial phase space defined by the presence of two charged leptons, a photon, and
at least one b-tagged jet. The measurement was performed using data collected at a
center-of-mass energy of 13 TeVin the years 2016, 2017, and 2018, corresponding to an
integrated luminosity of 138 fb−1.

The same dataset is the one used in the search for the tWγ process performed in this
thesis. The considered final state is the one in which both the top quark and the W boson
decay with a charged lepton in the final state. The analysis makes use of a GNN-based
binary classifier to discriminate between the tWγ signal and the tt̄γ background in the
signal regions. Two control regions and two signal regions are defined in the analysis and
the simulated GNN classifier distributions, obtained in these regions, are fitted to data
through a maximum likelihood fit, in order to extract the signal strength µtW γ and the
statistical significance of the tWγ signal.

6.2 Analysis overview

This section provides an overview of the procedures used for the simulation of signal and
background samples, the trigger selection and the reconstruction and identification of
physics objects.

6.2.1 Simulation of the tW γ and tt̄γ samples

The signal process is simulated at NLO in QCD following the recipes outlined in Section 2.3.
Two samples are produced: one simulating events in which the photon is emitted from the
hard process and a second one in which the photon is radiated from any decay product
of either top quark or the W boson, both using the DR1 scheme for overlap removal.
Alternative samples are produced using the DR2 scheme in order to estimate a systematic
uncertainty in the modeling of the signal. All the signal samples are produced using
MadGraph5_aMC@NLO.
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A similar spirit is followed for the tt̄γ process. A dedicated tt̄γ sample is produced at NLO
in QCD with MadGraph5_aMC@NLO for the case in which the photon is radiated from the
hard process. The contribution from photons from the decay products of the top quarks is
obtained from an inclusive tt̄ sample. Events from the inclusive sample that do not include
a generated photon are used for the modeling of nonprompt photons. The tt̄ sample is
produced using the POWHEG generator [153–156].

All the tWγ and tt̄γ samples are interfaced with PYTHIA8 for parton showering and
hadronization.

The phase space considered is defined by requiring:

• exactly two charged leptons with opposite charge and pT > 15 GeV ;

• the invariant mass of the two leptons to be mℓℓ > 30 GeV;

• at least one photon with pT > 15 GeV, |η| < 1.5, and no particle with pT > 5 GeV
in a cone of ΔR = 0.4 around the photon direction.

These choices are dictated by the intention of defining a phase space with a slightly larger
acceptance than the phase space at the reconstruction level, defined in the next paragraphs.
In this way, it is possible to properly consider events whose simulated properties are lower
than the selection thresholds, but that pass the reconstruction selection in virtue of the
imperfect resolution of the detector.

The simulated cross section for the tWγ process is σtW γ = 23.0 fb, considering both
possible photon origins. Additionally, the simulated cross sections for the tt̄γ process are
σtt̄γ,HP = 67.5 fb for photons from the hard process, and σtt̄γ,D = 194.0 fb for photons
from the decay products of the top quarks.

6.2.2 Trigger selection

The events in this analysis are selected using a combination of single- and double-lepton
trigger paths (muons or electrons). The single-lepton trigger paths employed allow for the
selection of events with leptons with pT as low as 24 GeV, for muons, and 23 GeV, for
electrons. The selection thresholds are lower for di-lepton trigger paths. As mentioned in
Section 5.2.2, the different selection thresholds are a result of the changes to the trigger
menu during Run 2 of the LHC.

In order to account for the different trigger efficiencies in data and simulation, scale factors
are applied to the simulated events.

6.2.3 Object reconstruction and identification

The analysis makes use of electrons, muons, AK4 jets and loose jets, and photons. The
following paragraphs describe the reconstruction and identification criteria for these physics
objects.
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Table 6.1: Identification criteria for photons.
Variable Criterion
H/E < 0.02197
σiηiη < 0.01015
PF charged hadron isolation < 0.02197
PF neutral hadron isolation < 1.189 + 0.01512 · pT(γ) + 2.259 · pT(γ)2 · 10−5

PF photon isolation < 2.08 + 0.004017 · pT(γ)

Photons

The photons employed in this analysis are prompt photons, produced by radiation from
any internal or external line in the hard process, or from the immediate decay products of
the top quarks or W bosons.

In proton-proton collision events, photons can also be produced during the hadronization
of partons, for instance in the decays of neutral pions. Another source of reconstructed
photons are electrons that are misidentified as photons. These photons are referred to as
nonprompt photons and tend to be surrounded by hadronic PF candidates. Additionally,
photons produced in the interaction of particles with the detector material tend to deposit
a large part of their energy in the HCAL, as opposed to prompt photons which deposit
most of their energy in the ECAL.

In order to reduce their contribution to the selected events, the photon candidates are
required to pass the identification criteria defined by the CMS collaboration, described
in Table 6.1. Here, in the first line, E is the energy of the supercluster associated with
the photon, and H is the energy deposited in the HCAL tower which is behind the seed
crystal of the supercluster, in the η direction. The quantity σiηiη is the width of the energy
distribution of the supercluster in the η direction. The isolation variables are defined as:

PFX = 1
pT

max
(

0,
∑
i∈X

pT − ρA

)
, (6.1)

where X = charged hadrons, neutral hadrons, photons and i runs over the PF candidates
present in a cone centering on the photon direction, excluding the photon itself. The width
of the isolation cone is ΔR = 0.3. Furthermore, ρ is the average pT flow density in the
event, and A is an effective area which depends on the η of the photon.

The (non)prompt photon selection efficiency is estimated to be 80.29% (10.64%) for these
selection criteria, in data. In order to account for the difference in the efficiency between
data and simulation, scale factors are applied to the simulated events.

Additionally, a reduction in the number of electrons misidentified as photons is achieved by
requiring that there is no more than one hit in the pixel detector in the direction of the
reconstructed photon (pixel seed veto). Scale factors are used to account for the differences
in efficiencies between data and simulation in this case as well.

The identified photons are then selected for the analysis if their pT is greater than 20
GeV, and the absolute value of their pseudorapidity is less than 1.44, which corresponds
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to coverage of the barrel detector region. The last requirement is that no selected lepton
should be within a cone of ΔR = 0.4 around the photon direction.

Leptons

The lepton selection criteria are the same as the ones defined for the tWZ analysis in
Section 5.2.3.

During 2024, the CMS collaboration recognized an issue in the calibration of electrons in
data: the ones whose associated supercluster had 1.5 < |η| < 2 and R9 > 0.98 had their pT

erroneously calibrated to a value of 0. The value R9 is defined as the ratio between the
energy deposited in the 3 × 3 cristal array centered around the most energetic crystal in
the supercluster and the energy of the supercluster. These electrons have therefore been
vetoed in the simulated samples for this analysis.

Jets and MET

The AK4 jets are reconstructed and identified according to the definitions in Section 5.2.3,
with the addition of the requirement that no selected photons should be found within a
cone of ΔR = 0.1 around the jet direction. This analysis also makes use of loose jets, which
follow the same requirement as the regular jets, but have 20 GeV < pT < 30 GeV. The
missing transverse energy is also calculated as in Section 5.2.3.

6.2.4 Background processes

Analogously to the case of tWZ , the main background to the tWγ process is the tt̄γ process,
with which it shares an extremely similar topology.

Zγ

Another process that contributes significantly to the phase space with two leptons and
a photon is the Zγ process, where the Z boson decays into two charged leptons. The
photon can be radiated from either the initial state quarks (ZγISR) or the final state leptons
(ZγFSR), as shown in Figure 6.2. The contribution from the Zγ process is estimated using
a simulation produced at NLO in QCD with MadGraph5_aMC@NLO and PYTHIA8.

Nonprompt photon background

The modeling of the nonprompt photon background is obtained from simulated samples.
The main contribution comes from the tt̄ process, where the photon is produced in
the hadronization of partons. Smaller contributions come from the Drell-Yan process,
simulated at NLO in QCD with MadGraph5_aMC@NLO, and the tW process, generated with
POWHEG [157]. All the samples are interfaced with PYTHIA8.
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Figure 6.2: Example Feynman diagrams for the Zγ process, where the photon is radiated
from the initial state quarks (ZγISR, on the left) or the final state leptons
(ZγFSR, on the right).

Other backgrounds

Other backgrounds include processes with two heavy bosons in the final state (WW ,WZ,ZZ)
and the radiation of a photon. These processes are estimated using simulated samples pro-
duced at tree level with PYTHIA8. The contribution from the V V V process is also considered
and is estimated using a simulation produced at NLO in QCD with MadGraph5_aMC@NLO
and PYTHIA8.

In addition to the tW process, the production of a top quark (pair) in association with a
heavy boson (pair) and a photon is also considered, and is estimated using a simulation
produced at NLO in QCD with MadGraph5_aMC@NLO and PYTHIA8.

Also for the minor background processes, the photon can be radiated from either the hard
process, or the decay products of the top quarks or the heavy bosons.

6.3 Signal and control regions
The strategy of the search for the tWγ process is inspired by the one used for the tWZ
analysis. The rare tWγ signal has a significantly lower cross section than the tt̄γ background
while the final state topologies only differ by the presence of an additional b jet. This
latter is not reconstructed or b-tagged in more than half of the selected events, leaving a
substantial overlap between the topologies of the two processes.

The analysis strategy consists of the definition of two control regions used to estimate the
Zγ contribution to the phase space, and two signal regions defined to include the tWγ

signal. To overcome the difficulty of extracting the signal from regions with a very large
tt̄γ background, a GNN-based binary classifier was developed. The output of the classifier
is used as template in a maximum likelihood fit, in order to extract the signal strength
µtW γ and the significance of the tWZ signal.

Additionally, a nonprompt photon control region is defined to assess the uncertainty in the
modeling of the nonprompt photon background.

This section describes the selection criteria for the signal and control regions which are
fitted simultaneously in the maximum likelihood fit.
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6.3.1 Baseline selection

The baseline selection is defined in order to select the events with a final state compatible
with the tWγ production and decay into leptons. The requirements for an event to be
selected are:

• at least one selected photon;

• exactly two selected leptons, with opposite charge;

• the pT of the (sub)leading lepton must respect the conditions pT > 25(20) GeV;

• the invariant mass of the two leptons must be mℓℓ > 30 GeV;

• at least one selected b-tagged jet.

All the events that pass the baseline selection are then divided into the control and signal
regions.

6.3.2 Control regions

Two control regions are defined in the analysis to estimate and constrain the contributions
from the ZγISR and ZγFSR processes to the phase space. The purpose of the CRISR is to
select the majority of the ZγISR events, where the Z boson decays into two leptons. This
is achieved by requiring that the two leptons in the event have the same flavor, and that
their invariant mass mℓℓ should respect the condition |mℓℓ −mZ | < 15 GeV.

The CRFSR is instead defined to be pure in ZγFSR events. In this case, both the leptons and
the photon ultimately originate from the decay of the Z boson, as shown in the right diagram
in Figure 6.2. Therefore, events are selected in this region if the two leptons have the same
flavor, and the dilepton-photon invariant mass mℓℓγ is such that |mℓℓγ −mZ | < 15 GeV.
Additionally, the invariant mass of the lepton pair must be such that |mℓℓ −mZ | > 15 GeV,
as to suppress the presence of ZγISR events and be mutually exclusive to the CRISR.

Both control regions feature a prominent disagreement between data and simulation in the
distribution of the number of jets in the events, as shown in Figure 6.3.

The modeling of the Zγ processes is improved by assigning to it an unconstrained shape
uncertainty in the maximum likelihood fit. This procedure works by assigning three
systematic uncertainties to the ZγISR and ZγFSR processes: one each to the events with
one, two, or more than two jets. These uncertainties cover the range from 10% to 200%
of the nominal yields, and are correlated between the ZγISR and ZγFSR processes. In
order to account for differences in total normalization between the two processes, an
additional normalization uncertainty is assigned to the ZγFSR process. This decouples the
normalization of the two processes while still tying together the shape of the distribution
of the number of jets.

To validate this procedure, a fit is performed in the control regions only. The results are
shown in Figure 6.4, where the insets show the improved agreement between data and
simulation for the distribution of the number of jets in the CRISR and CRFSR.
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Figure 6.3: Distribution of the number of jets for the events in the CRISR (left) and CRFSR
(right) control regions. The insets show the ratio between data and simulation
and highlight a clear disagreement in shape between the two.
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Figure 6.4: Distribution of the number of jets for the events in the CRISR (left) and CRFSR
(right) control regions after a maximum likelihood fit in the background regions
only. The insets show the ratio between data and simulation, and highlight the
improved agreement between the two after the fit.

104



1 2 3 4 5 6 7
Number of b jets

101

102

103

104

Ev
en

ts

138 fb 1 (13 TeV)CMS
Simulation Work in progress tW

tt  HP
tt  decay
Z  ISR
Z  FSR
nonprompt 
other
Tot. unc.

Figure 6.5: Distribution of the number of b-tagged jets for the simulated events in the signal
regions. Most of the signal events feature one b-tagged jet, together with more
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6.3.3 Signal regions

Two signal regions are defined in the analysis to select the events with a final state compatible
with the tWγ process. All events in which the selected leptons have different flavors are
included in the signal regions. Additionally, the remaining events are selected if they
respect the following conditions: |mℓℓ −mZ | > 15 GeV and |mℓℓγ −mZ | > 15 GeV. This
is done to suppress the contributions from the Zγ processes, which are mostly contained in
the orthogonal control regions.

Figure 6.5 shows the distribution of the number of b-tagged jets after this selection for
the simulated events. The first bin of the distribution includes the most part of the signal
events, as well as more than half of the selected tt̄γ events. Additionally, the ZγISR and
nonprompt photon backgrounds are also significantly present in this bin. This is not the
case for the following bins, where there is a smaller fraction of signal events, and the ZγISR
process is not present at all.

In virtue of the different topologies and fractions of signal and background events in the
different bins of the distribution of the number of b-tagged jets, the SRtW γ is defined to
include all the events with one b-tagged jet. The remaining events are selected in the SRtt̄γ .

In these regions, the output distribution of the GNN-based binary classifier, defined in
Section 6.4, is used as the stack of signal and background histograms which is fitted to
data points in the maximum likelihood fit.
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Figure 6.6: Distribution of the σiηiη variable for the events in the nonprompt photon control
region. The lower inset shows the ratio between data and simulation, which
have a disagreement of at most 20% in almost all the bins of the distribution.

6.3.4 Nonprompt photon control region

The last region defined in the analysis is the nonprompt photon control region. This latter
is not fitted in the maximum likelihood fit, but it is employed to assess the uncertainty in
the modeling of the nonprompt photon background.

This control region is established on the definition of a fakeable photon. This is a photon
candidate that respects all the identification criteria defined in Table 6.1, but fails the
condition on the σiηiη variable. The requisite for a fakeable photon is to have σiηiη > 0.012.
The nonprompt photon control region is then defined according to the same selection as
the signal regions, but with the additional requirement that there is exactly one photon
in the event, and that this photon is a fakeable photon. This region is therefore almost
exclusively populated by events with a nonprompt photon.

The distribution of the σiηiη variable for the events in the nonprompt photon control region
is shown in Figure 6.6. The lower inset shows the ratio between data and simulation, which
presents an overall good agreement between the two. The same considerations hold true for
the distributions of the pT and η of the fakeable photons, shown in Figure 6.7. An overall
20% normalization uncertainty is therefore assigned to the nonprompt photon background
in the maximum likelihood fit, in order to account for the maximum discrepancies in the
bins that contain the most events.
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Figure 6.7: Distribution of the pT (left) and η (right) of the fakeable photons in the

nonprompt photon control region. The lower insets show the ratio between
data and simulation, which have a disagreement of at most 20% in almost all
the bins of the distribution.

6.4 Graph Neural Network for the discrimination of tW γ and
tt̄γ

A GNN-based binary classifier has been developed to discriminate between the tWγ and
tt̄γ processes in the signal regions. The choice of a GNN is motivated by the aim of training
only one classifier for both signal regions, while still being able to capture the differences in
the topologies of the two processes and achieving excellent performance. Indeed, a GNN has
the ability of accepting as input the features of a variable number of jets, and of learning
the relationships between them. It is particularly useful in this analysis, where the number
of jets in an event and their properties carry important information regarding the nature of
the event. This is due to the only difference between the tWγ and tt̄γ processes being the
presence of an additional b jet in the former process. If this jet is not reconstructed and/or
identified, the GNN is still able to infer the right classification from the other hadronic jets
in the event.

6.4.1 Graph structure and input features

The input to the GNN is a fully connected graph, i.e., a graph in which each node is
connected to all the other nodes, shown in Figure 6.8.

The nodes of the graph represent the physics objects in each event, i.e., the leading photon,
the two leptons, and the hadronic jets. The input features associated with each node
are the pT and η of the object, together with an encoding of the object type. The latter
consists of four values which can only be 0 or 1, and represent if the node is associated to
a photon, a lepton, a jet, or a b-tagged jet, respectively.
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Figure 6.8: Example of a fully connected graph with seven nodes, with each node repre-
senting either a photon, a lepton, or a hadronic jet.

The edge features carry information regarding the kinematic relationships between the
physics objects. They are: the invariant mass, the transverse momentum, and the pseudo-
rapidity of the sum of the four-momenta of the two objects connected by the edge. The
last variable is the ΔR between the two objects.

Separately from the graph structure, six global features of each event are also included as
input to the binary classifier. They are:

• the pmiss
T ;

• the mℓℓγ ;

• the number of loose jets;

• a flag indicating if the leptons in the event have the same flavor;

• the invariant mass of the system of the photon, the lepton pair, and all the jets
(msys);

• the ratio between the pT and the energy of the system of the photon, the lepton pair,
and all the jets (centrality).

Validation

The modeling of the input features used for the binary classifier is validated with data
using the saturated GoF test described in Section 3.1.3. The variables that underwent
the test are all the global features, except for the lepton-flavor flag, and the four elements
of the momenta of each node, divided by the physics object type. Leptons and jets are
additionally ordered in pT. The fits are performed including all the systematic uncertainties
described in Section 6.5, considering only the region defined by the sum of the SRtW γ and
SRtt̄γ . All the fitted variables passed the test, i.e., the observed value of the test statistic
td obtained from the fit to data has a p-value greater than 0.05.

The distributions of the employed test variables compared to the respective fitted td are
collected in Appendix C. Figure 6.9 shows the example of the centrality variable, which
has a p-value of 0.851.
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6.4.2 GNN architecture

The GNN used in this analysis is based on the use of Transformer Convolutional Layers
that act on the graph structure. The graph is then embedded into a fixed-size vector,
which is concatenated with the embedding of the global features and passed through a
fully connected neural network. The node features, edge features, and global features are
all normalized through batch normalization layers before being fed to the GNN.

The GNN architecture can be divided in a graph branch, a global branch, and a final
branch. The graph branch is based on the repetition of a module composed of:

• a Transformer Convolutional Layer with three attention heads, which returns a
96-dimensional output for each node and employs a Leaky ReLU activation function;

• a batch normalization layer, which normalizes the output of the Transformer Convo-
lutional Layer;

• a residual connection based on a trainable projector, which increases the dimensionality
of the input node variables to 96 and sums the result to the output of the layer.

The residual connection used in this ML architecture always employs the input node
variables of the GNN, as this was found to result in better performance than using the
output of the previous layer, for this task. The graph branch therefore consists of three of
these modules, followed by a global average pooling layer which returns a flat 96-dimensional
vector.
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The global branch is composed of only one linear layer which takes the global features as
input and returns a 6-dimensional vector with a Leaky ReLU activation function. The
output is then fed into a batch normalization layer.

The global and graph branches come together into the final branch, where they first undergo
a concatenation operation.

The concatenated values are passed to an intermediate output node whose output represents
the likelihood of the photon in the event to originate from the hard process or the decay
products. The activation function used for this node is a sigmoid function. The intermediate
output is not used in the analysis, but it was found to slightly improve the performance of
the GNN.

This output is concatenated with its own input and the resulting values are passed to a fully
connected neural network with five hidden layers of 64 nodes each, activated by a Leaky
ReLU function. Each layer is intertwined with batch normalization layers. The output of
this network is a single node, which uses a sigmoid activation function and represents the
likelihood of the event to belong to the tWγ process.

The described architecture was chosen after a hyperparameter optimization process on
simulated data, which found this model to have the best performance in terms of the area
under the ROC curve. The optimization employed a Bayesian approach [158], and was
performed using the Ax library [159].

6.4.3 Training and testing

The total dataset is made up of 672 batches of 4096 events each. All the batches are
composed of:

• 26% of hard process tWγ events with the DR1 scheme;

• 12% of hard process tWγ events with the DR2 scheme;

• 11% of decay tWγ events with the DR1 scheme;

• 5% of decay tWγ events with the DR2 scheme;

• 41% of hard process tt̄γ events;

• 5% of decay tt̄γ events.

The hard process and decay labels refer to the origin of the photon in the event.

The training is performed according to the procedure described in Section 5.3. The dataset
is divided into two halves, so that two GNN models can be trained, one for each half. These
sub-datasets are further divided into a training and a testing set, with a ratio of 80% and
20%, respectively. In the analysis workflow, the two models then act on the half of the
dataset they were not trained on, and the results are combined to obtain the final output
of the GNN. The observed data and the simulation samples which are used to train the
GNNs are also randomly acted upon by either of the two models.
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Figure 6.10: Architecture of the GNN developed for the tWγ analysis. A complete descrip-
tion is reported in Section 6.4.2.
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The training is performed using the Adam optimizer using a binary cross-entropy loss
function, both for the tWγ vs tt̄γ output and the hard process vs decay output. The total
loss for a batch of the training sample is defined as:

L = 1
N

N∑
i=1

wi (ln(|ȳi − yi|) + 0.4 ln(|z̄i − zi|)) , (6.2)

where N = 4096 is the number of events in the batch, wi is the weight of the event, yi is the
output of the GNN for the tWγ vs tt̄γ classification, zi is the output of the GNN for the
hard process vs decay classification, ȳi is a label whose value is 1 (0) if the event belongs
to the tWγ (tt̄γ) process, and z̄i is a label whose value is 1 (0) if the photon in the event
originates from the hard process (decay). The factor of 0.4 applied to the photon origin
part of the loss reflects the fact that the main task of the GNN is to discriminate between
the tWγ and tt̄γ processes. Finally, the weights wi for the hard process tt̄γ and decay tt̄γ
events are set to the ratio between the number of events in the batch and the number of
selected events of same type in the signal regions. The same procedure is used for the hard
process and decay tWγ events, with the difference that the weight for both DR1 and DR2
events has the number of selected DR1 events in the signal regions as denominator. The
weights for the tWγ signal are furthermore divided by a factor of two to account for the
two DR schemes.

The two models are trained for 3000 epochs, or until the loss of the testing set has not
decreased for 100 epochs. In both cases, the final weights of the model are the ones
associated with the epoch that has the lowest loss of the testing set. The first model trained
for the entire 3000 epochs, while the second one stopped at epoch 2095. Regardless of this,
the two models have similar performance.

Figure 6.11 shows the output of the GNN for the tWγ vs tt̄γ classification for both
models for events from both signal regions. The GNN proves very good discrimination
abilities, as also shown by the area under the ROC curve values of 0.791 and 0.790, as
shown in Figure 6.12. Additionally, Figure 6.13 shows that the GNN performs better in
discriminating the signal against the tt̄γ background when the photon originates from the
hard process, rather than the decay products.

Figures 6.14 and 6.15 show the output of the GNN divided by events in the signal regions
SRtW γ and SRtt̄γ , respectively. The models exhibit very good discrimination power in
both, while returning significantly different distributions for the two signal regions. This is
a further reason for splitting the phase space in these two signal regions, as the GNN is
able to capture the differences in the topologies of the two processes.

Finally, the GNN is added to the analysis workflow to provide the output for the tWγ vs
tt̄γ classification in the signal regions. This is shown in Figure 6.16, with SRtW γ on the
left and SRtt̄γ on the right. These are the templates used in the maximum likelihood fit
for the two signal regions.

Regarding the SRtW γ region, the GNN distribution has very good discriminating power
against the tt̄γ background, but it is not able to separate the tWγ signal from the ZγISR
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Figure 6.11: Output of the GNN for the tWγ vs tt̄γ classification for the first (left) and
second (right) model for events from both signal regions. The output calculated
on the training set is shown in solid colors, while it is as a dashed line for the
testing set. In both cases, the GNN shows very good discrimination abilities.
The normalization of the outputs is thus that the sum of the events sums to
the same arbitrary value for both signal and background, while representing
the same ratio of hard process photon to decay photon. For the signal events,
the normalization weight is further divided by a factor of two to account for
the two DR schemes.
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Figure 6.12: ROC curve for the first (left) and second (right) model of the GNN for the tWγ
vs tt̄γ classification. The area under the curve is 0.791 and 0.790, respectively.

113



0.0 0.2 0.4 0.6 0.8 1.0
false positive rate

0.0

0.2

0.4

0.6

0.8

1.0
tru

e 
po

sit
iv

e 
ra

te
Receiver operating curve

auc tW  vs tt  decay  = 0.778
auc tW  vs tt  HP  = 0.812
random chance

0.0 0.2 0.4 0.6 0.8 1.0
false positive rate

0.0

0.2

0.4

0.6

0.8

1.0

tru
e 

po
sit

iv
e 

ra
te

Receiver operating curve

auc tW  vs tt  decay  = 0.777
auc tW  vs tt  HP  = 0.814
random chance

Figure 6.13: ROC curve for the first (left) and second (right) model of the GNN for the
discrimination of the signal against the hard process background and the decay
background.
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Figure 6.14: Output of the GNN for the tWγ vs tt̄γ classification for the first (left) and
second (right) model for events in the SRtW γ , for both the training (solid
colors) and testing (dashed lines) sets. The normalization of the outputs is
the same as in the caption of Figure 6.11.
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Figure 6.15: Output of the GNN for the tWγ vs tt̄γ classification for the first (left) and
second (right) model for events in the SRtt̄γ , for both the training (solid colors)
and testing (dashed lines) sets. The normalization of the outputs is the same
as in the caption of Figure 6.11.
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Figure 6.16: Output of the GNN for the tWγ vs tt̄γ classification for the events in the
SRtW γ (left) and SRtt̄γ (right) signal regions. These distributions are used as
templates in the maximum likelihood fit.

background, against which it has not been trained. Training the GNN against the ZγISR
process has not been possible due to lack of simulated events available. On the other hand,
the GNN is extremely effective in the SRtt̄γ region, with the last bin of the distribution
having a 50% contribution from the signal.

6.5 Corrections and systematic uncertainties

Similarly to the tWZ analysis, several sources of systematic uncertainties are considered
in this analysis. The most common sources are related to uncertainties in the corrections
applied to the simulated events to account for known differences between data and simu-
lation, or related to uncertainties in the modeling of the processes. The definition of the
likelihood function that is fitted, and the fit methodology are described in Section 3.1.

The following uncertainties and corrections are alredy described in Section 5.5:

• pileup;

• luminosity uncertainty;

• lepton identification;

• jet energy scale and resolution;

• missing transverse energy;

• b-tagging efficiency;

• L1 trigger prefiring;

• HEM15/16 issue;

• PDF uncertainties;

115



• parton shower modeling;

• factorization and renormalization scale;

• signal modeling.

This section describes additional systematic uncertainties which are specific to the tWγ

analysis.

Trigger efficiency

The trigger selection has different efficiencies between data and simulation. This disagree-
ment is adjusted by applying scale factors to the simulated events. The scale factors are
defined as the ratio between the efficiency of the trigger in data and simulation, and are a
function of the pT of the leptons in the event.

The efficiencies are calculated according to the following procedure: events are selected
using MET triggers and offline selection criteria aiming to define a phase space rich in tt̄

events with a final state in two leptons. The selected events are then checked against the
dilepton trigger selection used in this analysis and the efficiencies are calculated as the
ratio between the number of events that pass both trigger selections and the number of
events that pass only the MET trigger selection.

The uncertainties associated to the trigger efficiency correction are assigned to the events by
varying the scale factors within their uncertainties before applying them to the simulated
events. These uncertainties are considered correlated between the years of data taking.

Photon identification and pixel seed veto

The criteria for the identification of photons show inconsistent selection efficiencies between
data and simulation. This disagreement is taken care of by applying scale factors to
the simulated events. The scale factors are a function of the pT and η of the photon. A
systematic uncertainty is assigned to this correction by varying the scale factors within their
uncertainties before applying them to the simulated events. The correction is considered
correlated between the years of data taking.

The same reasoning applies for the pixel seed veto. The scale factors are computed as a
function of the pseudorapidity of the photon, and are applied to the simulated events. The
uncertainty applied to the correction is also considered correlated between the years of
data taking.

Normalization uncertainties

As mentioned in Section 6.3.2, the Zγ processes are assigned an unconstrained shape uncer-
tainty in the maximum likelihood fit. Furthermore, in order to decouple the normalization
of the ZγISR and ZγFSR processes, an additional normalization uncertainty, in the form of
a freely floating rate parameter, is assigned to the ZγFSR process. A rate parameter is a
nuisance parameter that is used to scale the yield of a process in the maximum likelihood
fit in the same way as a signal strength does.
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Furthermore, the nonprompt photon background is assigned a 20% normalization un-
certainty in the maximum likelihood fit, as described in Section 6.3.4. Also, a 20%
normalization uncertainty is applied to the minor backgrounds, to account for the different
processes that are included in this category, and their statistically limited contribution to
the phase space.

Finally, two additional parameters are introduced in the maximum likelihood fit to account
for uncertainties related to the tt̄γ background. These parameters are not assigned a prior
uncertainty and are treated as freely floating rate parameters in the fit. They are the signal
strength of the total tt̄γ process µtt̄γ , and the fraction f of the measured cross section of
the hard process σtt̄γ,HP in the measured cross section of the total tt̄γ process σtt̄γ . The
expected value, taken from simulation, for the latter is:

fexp =
σexp

tt̄γ,HP

σexp
tt̄γ

= 0.36. (6.3)

The parameters µtt̄γ and f are introduced in the likelihood function, defined in Eq. (3.5),
through the substitutions:

µtt̄γ,HP = µtt̄γ

f

fexp
, µtt̄γ,dec = µtt̄γ

1 − f

1 − fexp
, (6.4)

where µtt̄γ,HP and µtt̄γ,dec are the signal strengths of the hard process and decay tt̄γ events,
respectively.

6.6 Results

The maximum likelihood fit is initially performed using a pseudo-dataset, generated by
taking the sum of the contributions of all processes in the template histograms, in order to
determine the expected statistical significance of this search. It results in the measurement

µexp
tW γ = 1.00+0.23

−0.20, (6.5)

corresponding to an expected statistical significance over the background-only hypothesis
of 5.71 standard deviations.

The observed data is then fitted using the same likelihood function, and the result is

µobs
tW γ = 0.94+0.24

−0.22, (6.6)

which is in agreement with the SM prediction well within one standard deviation. This
corresponds to a measured value of the cross section of tWγ σtW γ = 21.62+5.52

−5.06 fb. It
should be noticed that the phase space in which the measurement is performed does not
perfectly overlap with the fiducial phase space for which the cross section is defined: 22%
of the fiducial phase space is not included in the signal regions and it is extrapolated from
simulation.
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The measured value translates into an observed statistical significance of 4.97 standard
deviations, making up for first evidence of the tWγ process.

The reduction in the significance of the signal in the observed data, compared to its
expected value, can be understood by observing the differences between the expected and
observed impacts of the dominant systematic uncertainties on the signal strength, defined
in Section 5.6 and shown in Figure 6.17.

The most prominent difference between the fit to the pseudo-dataset and the observed
data is the impact of the DR modeling uncertainty. The DR2 prediction represents the
+1-standard-deviation variation of the nuisance parameter for the modeling systematic
uncertainty. The DR1 prediction represents both the nominal value and the -1-standard-
deviation variation. By construction, the expected fit always returns the nominal value of
the nuisance parameters. Therefore, the expected impact on the signal strength of the DR
modeling uncertainty is necessarily one-sided; in this case the variation is in the positive
direction for µobs

tW γ .

On the other hand, the fit to data determines a value of the nuisance parameter associated
to the modeling that lies in the middle between the DR1 and DR2 predictions, resulting in
a two-sided impact on the signal strength. Hence, the observed uncertainty in the signal
strength in the negative direction is larger than the expected one, causing the reduction in
the significance of the signal in the observed data. A smaller effect is due to the measured
value of µobs

tW γ being smaller than the expected one.

Because of the topological similarities between the tWγ and tt̄γ processes, the signal
strengths µtW γ and µtt̄γ are anti-correlated, as shown by the impact of the latter on the
former. The value of the correlation coefficient is ρtW γ,tt̄γ = −0.17, smaller than the
analogous value for the tWZ analysis, which is ρtWZ ,tt̄γ = −0.63. This is due to excellent
performance of the GNN in discriminating between the two processes, allowing for a more
precise measurement of the signal strength of the tWγ process. Additionally, µtW γ has a
positive correlation with the nuisance parameter f , with a value of ρtW γ,f = 0.25. This
is due to the fact that the GNN performs better in the discrimination against the tt̄γ
background when the photon originates from the hard process, rather than from the decay
products. For increasing values of f , more tt̄γ events are of the HP type, which accumulate
in the lower bins of the GNN output distribution, leaving room for the tWγ signal to
increase in the higher bins.

The correlation between µtW γ and both µtt̄γ and f can also be observed in the two-
dimensional likelihood scans performed around their best-fit values, shown in Figure 6.18.
The simultaneous measurement of µtW γ and f is compatible with the SM prediction within
one standard deviation. This result also represents the first measurement of the fraction
σtt̄γ,HP /σtt̄γ , which is found to be f = 0.54 ± 0.13.

On the other hand, the simultaneous measurement of signal strength of the tWγ and tt̄γ

is compatible with the SM prediction within two standard deviations. This disagreement is
due to measurement of the signal strength of tt̄γ being µtt̄γ = 0.86+0.06

−0.05. In comparison,
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Figure 6.17: Impacts of the ten dominant nuisance parameters on the signal strength
of the tWγ process. The central column shows the difference between the
best-fit value and the nominal value, in units of pre-fit uncertainty, for the
nuisance parameters. It furthermore shows the observed (expected) post-
fit uncertainties as black bars (dark gray band). For nuisance parameters
which are not assigned a prior uncertainty, only the observed value and its
uncertainties are shown. The right column shows the impact of the nuisance
parameters on the signal strength, for both the observed fit (blue and red bars)
and the expected fit (blue and red bands). The blue (red) color represents the
variation of the nuisance parameter by +1σ (−1σ).
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Figure 6.18: Two-dimensional scans of the likelihood function around the best-fit value of
µtW γ and µtt̄γ (left), and µtW γ and f (right). The red cross represents the
best-fit value, while the black diamond represents the theoretical prediction.
The contour lines for one to five standard deviations are shown in different
colors.

the most recent measurement of the tt̄γ cross section by CMS resulted in a signal strength
µtt̄γ = 1.13 ± 0.04 [148]. The main difference with this previous result is that this analysis
employs samples simulated at NLO in QCD for both the tWγ and tt̄γ processes, for the
first time. The discrepancy between the measurements of the signal strength of the tt̄γ
process has clear similarities with the one observed in the tWZ analysis for the tt̄Z process.

Finally, the post-fit distributions of the GNN output for the regions of the fit are shown in
Figure 6.19, displaying the very good agreement between data and the fitted simulation in
all regions.

As already mentioned, this analysis consists of the first search for the tWγ process, and it
results in first evidence of its existence.
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Figure 6.19: Post-fit distributions of the GNN output for the SRtW γ (upper left) and SRtt̄γ
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(lower right).
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Summary and conclusions

The unprecedented amount of hadron collision data collected by the LHC experiments
at the center-of-mass energy of 13 TeV has made possible to observe and study rare
processes that were previously inaccessible, because of their low production cross section
and high production energy thresholds. The establishment and study of rare processes is
an important test of the Standard Model (SM) of particle physics, as deviations observed
between theory and observed data can be a sign of new physics beyond the SM.

The first searches for the associated production of a single top quark with a W boson and
an additional photon (tWγ) and Z boson (tWZ ) at the LHC are presented in this thesis
work. Both analyses have been performed using data collected by the CMS experiment in
2016, 2017, and 2018, corresponding to an integrated luminosity of 138 fb−1.

The results of the tWZ analysis have been published in Ref [111] and represent first evidence
for the production of the tWZ process. The analysis is performed in the final state with at
least three leptons, where at least one particle, either the top quark or the W boson, decays
leptonically, and the Z boson decays into a pair of electrons or muons. This channel has
been chosen because of the low background contamination, at the cost of lower branching
fractions of the particle decays involved in the process.

In order to select the maximum possible number of signal events, the analyzed phase space
is divided into several signal regions, which have different contributions from the signal
and background processes. One such region is the boosted signal region, where the top
quark is produced with a high transverse momentum, defined through the introduction of
a boosted leptonic top-tagger: a dedicated machine learning (ML) algorithm that identifies
pairs of leptons and b jets compatible with the decay of a top quark with high transverse
momentum. The performance of the boosted leptonic top-tagger is validated in a dedicated
phase space, which was chosen to be highly pure in events of the tt̄γ process, with two
charged leptons in the final state.

In order to maximize the sensitivity of the analysis, several fully connected feed-forward
neural networks (NN) are trained to discriminate the signal from the background; one for
each signal region. Furthermore, control regions are included in the analysis to guarantee a
correct estimation of the background processes.

A maximum likelihood fit of the simulated signal and background events to the observed
data is performed in bins of the output of the NN classifiers, in order to extract the signal
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strength and statistical significance of the tWZ process. The result of the fit shows a signal
strength of

µtWZ = 2.6 ± 0.4 (stat) ± 0.7 (syst), (6.7)

which corresponds to a statistical significance of 3.4 standard deviations: the first evidence
for the production of the tWZ process. The measurement has a relative uncertainty of
31%, in large part due to the impact of the systematic uncertainties on the signal strength.
The measurement is in agreement with the SM prediction within two standard deviations.

Additional data collected by the CMS experiment in Run 3 of the LHC, which initiated in
2022, will allow to further increase the statistical significance of the tWZ process, and to
measure its production cross section with a better precision. This could possibly lead to
the observation of the process and an improved understanding of the tension between the
measured and predicted values of the cross section.

Additionally, the results of the first search for the tWγ process at the LHC are presented
in this thesis. The analysis finds its foundations in the modeling studies presented in
Chapter 2, which allowed to determine a reliable modeling of the signal process at NLO in
QCD. The analysis is performed in the final state where the top quark and the W boson
decay leptonically.

The main challenge of the tWγ analysis is the separation of the signal from the remarkably
similar tt̄γ process, which has a much higher production cross section. For this purpose, a
dedicated ML binary classifier is developed, which is based on a Graph Neural Network.
The graph structure allows the classifier to exploit the correlations between all particles,
and all jets in the final state, which carry information fundamental for the discrimination
of the signal from the background. The input features of the GNN are validated through
saturated goodness-of-fit tests in the analyzed phase space.

Furthermore, the analysis includes dedicated control regions to guarantee a correct es-
timation of the background Zγ process, whose modeling is found to be in consistent
disagreement with the observed data in the phase space of the analysis.

The output of the GNN, calculated for the signal and background events, is used as the
distribution that is fitted to observed data in order to extract the signal strength and the
statistical significance of the tWγ process. The signal strength is found to be

µtW γ = 0.94+0.24
−0.22, (6.8)

well in agreement with the SM prediction within one standard deviation. The statistical
significance of the tWγ process is found to be 4.97 standard deviations, which represents
first evidence for the production of the tWγ process at the LHC.

Similarly to what has been stated for the tWZ process, the additional data collected by
the CMS experiment in Run 3 of the LHC will allow to further increase the statistical
significance of the tWγ process, leading to the observation of the process.

124



Additionally, the analysis would possibly benefit from improvements in modeling the Zγ
process, and most importantly, the tWγ and tt̄γ processes, especially concerning the case
where the photon in the event is radiated from the decay products of the top quark or
the W boson, or the top antiquark for tt̄γ. One possible advancement in this direction
could consist in the simulation of this production mechanism at matrix-element level, as
opposed to the current approach, which relies on the parton shower in Monte Carlo event
generators.

In conclusion, this thesis work has presented the first searches for the associated production
of a single top quark with a W boson and an additional photon (tWγ) and Z boson
(tWZ) at the LHC, establishing the first evidence for the production of both processes.
These results have been obtained through the use of dedicated ML algorithms, which
have been fundamental in separating the sought signal from the overwhelming tt̄γ and tt̄Z
backgrounds.

The results of these analyses represent an important starting point for further studies
at the LHC, which will allow to establish the observation of the processes, and to shed
light on possible tensions between the SM predictions and the measured properties of the
associated production modes of a single top quark with two vector bosons.
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Appendix

A Reconstruction of the longitudinal momentum of neutrinos
arising in the decays of top quarks

The reconstruction of the neutrino in the decay of top quarks is based on imposing the
conservation of energy in the Wℓν vertex, where the W boson originates from the decay of
a top quark. The neutrino is considered as the only source of MET in the event, hence it
is assumed

p⃗T,ν = p⃗miss
T . (6.1)

Therefore, the longitudinal component of the neutrino momentum p⃗ν is calculated as the
solution of the equation:

(p⃗ν + p⃗ℓ)2 = m2
W . (6.2)

The solutions are in the form:

pz,ν =
µ · pz,ℓ

p2
T,ℓ

±

√√√√µ2 · p2
z,ℓ

p4
T,ℓ

−
E2

ℓ · pT,ν − µ2

p2
T,ℓ

, (6.3)

where

µ =
m2

W
2 + pT,ℓ · pT,ν · cos(Φ) =

m2
W −m2

T,W
2 + pT,ℓ · pT,ν , (6.4)

with mW being the mass of the W boson, Φ the azimuthal angle between the lepton and
the neutrino, and mT,W the transverse mass of the W boson. When the discriminant in
Eq. (6.3) is positive, two real solutions are found, and both are taken into account for the
reconstruction of the top quark. The discriminant is negative when mT,W > mW , which is
possible because of the imperfect resolution of the MET. Naively taking the real part of the
right-hand side of Eq. (6.3) as the solution would result in Eq.(6.1) not being satisfied. In
order to find a pz,ν for which the energy conservation constraint is respected, it is imposed
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that MT,W = mW , which is equivalent to a quadratic relationship between px,ν and py,ν ,
with two possible solutions for each value of px,ν : py1/2,ν(px,ν).

The measurement of the MET is taken as reliable, hence the choice of the value of p̄x,ν and
the solution p̄y,ν (between py1,ν or Py2,ν) is done by minimizing the difference between the
reconstructed pT of the neutrino and MET in the event:

δ1/2(px,ν) =
∣∣∣p⃗miss

T − p⃗T 1/2,ν(px,ν)
∣∣∣ , (6.5)

where p⃗T 1(2),ν is calculated using the solution py1(2),ν .

Hence, the reconstructed neutrino momentum is:

p̄x,ν = argmin
px,ν

min
i=1,2

δi(px,ν), (6.6)

p̄y,ν = pyk,ν(p̄x,ν), (6.7)

with
k = argmin

i=1,2
δi(p̄x,ν). (6.8)

B Validation of the input features of the leptonic boosted
top-tagger

In this appendix, the comparison between data and MC is shown for all the input features
of the leptonic boosted top-tagger presented in Section 5.4, with the plot for electrons on
the left and muons on the right. The boosted label in some of the variables shown means
that the variable is considered in the rest frame of the top candidate.
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Figure B.1: Distribution of the η of the b-jet for electrons (left) and muons (right) in the
validation region. The lower insets show the bin-by-bin ratio between data and
MC.
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Figure B.2: Distribution of the ϕ of the b-jet for electrons (left) and muons (right) in the
validation region. The lower insets show the bin-by-bin ratio between data and
MC.
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Figure B.3: Distribution of the pT of the b-jet for electrons (left) and muons (right) in the
validation region. The lower insets show the bin-by-bin ratio between data and
MC.
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Figure B.4: Distribution of the η of the b-jet in the rest frame of the top candidate for
electrons (left) and muons (right) in the validation region. The lower insets
show the bin-by-bin ratio between data and MC.
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Figure B.5: Distribution of the pT of the b-jet in the rest frame of the top candidate for
electrons (left) and muons (right) in the validation region. The lower insets
show the bin-by-bin ratio between data and MC.
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Figure B.6: Distribution of the η of the lepton in the rest frame of the top candidate for
electrons (left) and muons (right) in the validation region. The lower insets
show the bin-by-bin ratio between data and MC.
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Figure B.7: Distribution of the pT of the lepton in the rest frame of the top candidate for
electrons (left) and muons (right) in the validation region. The lower insets
show the bin-by-bin ratio between data and MC.
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Figure B.8: Distribution of the mini-isolation of the lepton for electrons (left) and muons
(right) in the validation region. The lower insets show the bin-by-bin ratio
between data and MC.
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Figure B.9: Distribution of the pT,rel variable defined in Section 5.4 for electrons (left) and
muons (right) in the validation region. The lower insets show the bin-by-bin
ratio between data and MC.
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Figure B.10: Distribution of the η of the top candidate for electrons (left) and muons (right)
in the validation region. The lower insets show the bin-by-bin ratio between
data and MC.
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Figure B.11: Distribution of the invariant mass of the top candidate for electrons (left) and
muons (right) in the validation region. The lower insets show the bin-by-bin
ratio between data and MC.
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Figure B.12: Distribution of the ϕ of the top candidate for electrons (left) and muons
(right) in the validation region. The lower insets show the bin-by-bin ratio
between data and MC.
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Figure B.13: Distribution of the pT of the top candidate for electrons (left) and muons
(right) in the validation region. The lower insets show the bin-by-bin ratio
between data and MC.

148



C Saturated GoF results for the validation of the input vari-
ables to the GNN

This appendix reports the results of the saturated GoF tests employed for the validation of
the input features to the GNN presented in Section 6.4.
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Figure C.14: Distribution of the test statistic used in the saturated GoF test for the η
of first jet(left) and the η of second jet(center) and the η of third jetright
compared to the values td obtained from the fit to data. The p-values are
reported in the plots.
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Figure C.15: Distribution of the test statistic used in the saturated GoF test for the η
of fourth jet(left) and the η of fifth jet(center) and the η of sixth jetright
compared to the values td obtained from the fit to data. The p-values are
reported in the plots.
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Figure C.16: Distribution of the test statistic used in the saturated GoF test for the mass of
first jet(left) and the mass of second jet(center) and the mass of third jetright
compared to the values td obtained from the fit to data. The p-values are
reported in the plots.
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Figure C.17: Distribution of the test statistic used in the saturated GoF test for the mass of
fourth jet(left) and the mass of fifth jet(center) and the mass of sixth jetright
compared to the values td obtained from the fit to data. The p-values are
reported in the plots.
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Figure C.18: Distribution of the test statistic used in the saturated GoF test for the ϕ
of first jet(left) and the ϕ of second jet(center) and the ϕ of third jetright
compared to the values td obtained from the fit to data. The p-values are
reported in the plots.
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Figure C.19: Distribution of the test statistic used in the saturated GoF test for the ϕ
of fourth jet(left) and the ϕ of fifth jet(center) and the ϕ of sixth jetright
compared to the values td obtained from the fit to data. The p-values are
reported in the plots.
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Figure C.20: Distribution of the test statistic used in the saturated GoF test for the pT

of first jet(left) and the pT of second jet(center) and the pT of third jetright
compared to the values td obtained from the fit to data. The p-values are
reported in the plots.
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Figure C.21: Distribution of the test statistic used in the saturated GoF test for the pT

of fourth jet(left) and the pT of fifth jet(center) and the pT of sixth jetright
compared to the values td obtained from the fit to data. The p-values are
reported in the plots.
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Figure C.22: Distribution of the test statistic used in the saturated GoF test for the η
of first lepton(left) and the η of second lepton(center) and the ϕ of first
leptonright compared to the values td obtained from the fit to data. The
p-values are reported in the plots.
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Figure C.23: Distribution of the test statistic used in the saturated GoF test for the ϕ of
second lepton(left) and the pT of first lepton(center) and the pT of second
leptonright compared to the values td obtained from the fit to data. The
p-values are reported in the plots.
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Figure C.24: Distribution of the test statistic used in the saturated GoF test for the
pmiss

T (left) and the mllγ(center) and the number of jetsright compared to the
values td obtained from the fit to data. The p-values are reported in the plots.
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Figure C.25: Distribution of the test statistic used in the saturated GoF test for the number
of loose jets(left) and the η of first photon(center) and the ϕ of first photonright
compared to the values td obtained from the fit to data. The p-values are
reported in the plots.
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Figure C.26: Distribution of the test statistic used in the saturated GoF test for the pT of
first photon(left) and the Centrality(center) and the msys right compared to
the values td obtained from the fit to data. The p-values are reported in the
plots.
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